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AN INVESTIGATION OF REINFORCED
CONCRETE COLUMNS
I. INTRODUCTION
1. Origin and Object of Investigation.-The strength of reinforced
concrete columns, their behavior under various conditions of loading,
and proper rules for their design have been the subject of intense
interest and frequent controversy among structural engineers during
the past thirty years. Much of the difference of opinion centers about
the action of helical or so-called spiral reinforcement, introduced about
1899 by A. Considere.* Considere made tests and displayed remark-
able insight in explaining the complex action of such reinforcement;
he was followed by a long line of experimenters, including Marsch,
Talbot, Bach, Graf, Withey, Emperger, von Thullie and many others,
who in the period 1900 to 1916 studied various phases of concrete
column action. Of more than 1600 published concrete column tests on
record in 1930, (about two-thirds made in Europe and one-third in the
United States) 97 per cent had been made before 1916. While these
tests furnished the basis for present design practice, they cannot be
unified because of wide differences in testing technique, incomplete
records, variations in quality of materials, and a great lack of modern
strain measurements. In 1921, F. R. McMillan demonstrated the im-
portant effect of shrinkage and time yield of concrete upon the defor-
mations and the resulting stresses in the reinforcement. This develop-
ment, together with the growing use of materials outside the range
of test information, led to a plan in 1929 for a comprehensive column
investigation under the direction of Committee 105 of the American
Concrete Institute. Co6perative agreements were made between the
Institute and both the University of Illinois and Lehigh University to
carry out the test program, much of which was duplicated at the two
laboratories.
2. Acknowledgment.-The investigation described herein was con-
ducted as part of the work of the Engineering Experiment Station of
the University of Illinois, under the administrative direction of DEAN
M. S. KETCHUM, ACTING DEAN A. C. WILLARD, and PROF. M. L. ENGER,
Head of the Department of Theoretical and Applied Mechanics.
*A. Considere, "Experimental Researches in Reinforced Concrete," translated by L. S.
Moisseiff, 1906.
ILLINOIS ENGINEERING EXPERIMENT STATION
The American Concrete Institute was represented by an Advisory
Committee (its standing Committee 105 on Columns) having the
following membership:
W. A. SLATER, Chairman; Director, Fritz Engineering Laboratory,
Lehigh University, Bethlehem, Pa. (died October, 1931)
R. L. BERTIN, Chief Engineer, White Construction Co., New York,
N.Y.
F. R. McMILLAN, Director of Research, Portland Cement Associa-
tion, Chicago, Ill.
W. S. THOMSON, Chief Engineer, Kalman Steel Co., Chicago, Ill.
R. D. SNODGRASS, Cons. Engineer, Truscon Steel Co., Youngstown,
Ohio.
P. H. BATES, Chief, Clay and Silicate Products Division, Bureau of
Standards, Washington, D. C.
INGE LYSE, Research Associate Professor, Fritz Laboratory, Lehigh
University
W. F. ZABRISKIE, Vice-Pres. and General Manager, Gabriel Steel
Co., Detroit, Michigan.
F. E. RICHART, (Chairman since October, 1931).
This Committee defined the scope of the investigation and took a
very large part in planning the test program.
Assistance on the investigation was received from many sources;
much of this was essentially a contribution to the American Concrete
Institute Column Test Fund and has been acknowledged elsewhere.
Various materials were furnished by the Lehigh Portland Cement Co.,
the Lincoln Sand and Gravel Co., The Neal Gravel Co., Kalman Steel
Co., Truscon Steel Co., Franklin Steel Co., Inland Steel Co., American
Steel and Wire Co., and the American System of Reinforcing, and in
this connection especial acknowledgment is due MESSRS. J. C. PEARSON,
W. S. THOMSON, STANTON WALKER, R. W. JOHNSON, A. E. LINDAU,
M. E. CAPOUCH, and H. P. BIGLER. An electric vibrator was kindly
loaned for the work by the Electric Tamper and Equipment Co. In
connection with the tests, acknowledgment is made of the efficient
help of the late Mr. GILBERT C. STAEHLE, Associate Engineer, Port-
land Cement Association, whose services were furnished by his or-
ganization throughout 1930, and of the interested and loyal assistance
of MESSRS. LEROY TUCKER and T. G. TAYLOR, Research Graduate As-
sistants, and others of the laboratory staff.
3. Program of Tests.-The investigation was divided into 8 groups
or series, with 325 tests made at Illinois and 239 at Lehigh, making a
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total of 564 column tests. Of these, Series 1, 2, 3, and 7 were dupli-
cated at the two laboratories, Series 4 was carried on at Lehigh only,
and Series 5, 6, and 8 at Illinois only. A condensed schedule of the
tests is given in Table 1, as carried out with slight departures from the
original plan. While the purpose of each series is given in detail in
Chapters III to X, the following characterization provides a con-
venient summary of the scope of the investigation:
SERIES 1. A study of different end details used with the object
of producing stress conditions in the test columns truly represen-
tative of conditions in columns in practice.
SERIES 2. A study of the effect of holding load increments at
high stresses for periods of several hours as compared with rapid
loading to failure. The tests covered a wide range in quality of
materials and in amount of reinforcement.
SERIES 3. A study of the effect of shrinkage and time yield, with
columns held for a year or more under sustained working loads,
on the deformations and on ultimate strength.
SERIES 4. Similar to Series 3, but with sustained loads near the
ultimate strength rather than at working stresses; the object here
being to determine the strength of a column loaded for an indefinite
period.
SERIES 5. Since the majority of the columns tested were of 8-in.
core diameter, this series, with diameters of 8, 12, 20, and 28 in.,
and other proportions similar, was added to study size or scale
effects.
SERIES 6. This group of columns, similar in size to those of
Series 5, was the only one in which protective shells (2 in. thick)
were provided outside the spiral reinforcement.
SERIES 7. Essentially a continuation of Series 2, this series pro-
vided a comparison of the effectiveness of cold drawn wire and
intermediate grade hot rolled spiral reinforcement.
SERIES 8. An outgrowth of Series 1, this series was designed so
that stress was transmitted to the longitudinal reinforcement solely
through bond. Both rapidly applied and sustained loads were used.
In addition to the tests made in co5peration with the American
Concrete Institute, a group of private tests was made for the Concrete
Reinforcing Steel Institute, in collaboration with their Engineer, Mr.
R. W. Johnson. Since the tests were made under quite similar con-
ditions, and the data have been very kindly released for publication, it
seems desirable to include them in this bulletin. The tests, which will
ILLINOIS ENGINEERING EXPERIMENT STATION
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AN INVESTIGATION OF REINFORCED CONCRETE COLUMNS
be called Series 31, cover the use of longitudinal reinforcing steel
having a very high elastic limit, and thus greatly supplement the data
of Series 2.
Progress reports on the tests at both the University of Illinois and
Lehigh University have been presented to the American Concrete In-
stitute and published in its Proceedings.*
II. MATERIALS AND MAKING OF TEST PIECES
4. Materials.-Lehigh Portland Cement was used in making all
columns. It was stored in wooden barrels in a dry room until used.
The strength, as shown by mortar and concrete tests, was uniformly
high, and in all respects the material satisfactorily met the current
standard specifications.t
Torpedo sand from Lincoln, Illinois, and a Wabash river gravel,
having respective fineness moduli of 2.72 and 6.85, were used in all
columns except those of Series 1. In these, the Wabash river sand and
gravel had respective fineness moduli of 3.03 and 7.21. The coarse
aggregate was of % in. maximum size, so chosen because of the close
pitch of column spirals.
The concrete mixtures used were designed to produce cylinder
strengths of 2000, 3500, 5000, and 8000 lb. per sq. in. at 56 days, ex-
cept in Series 1, wherein the tests were made at the 28-day age. A
workability as shown by 3- to 6-in. slumps was chosen, except in the
case of the 8000-lb. concrete, where a drier consistency was chosen for
placing with the aid of a high-frequency electric vibrator.
The proportions of concrete materials used in all columns are given
in Table 2. The strengths of control cylinders, and, in some cases,
their moduli of elasticity, are reported with the column test results
from the several series.
The reinforcing steel was from various sources and of many sizes
and grades. Average properties of the various lots of steel are given
in Table 3. Properties of certain lots which have unusual significance
will be described later in connection with the various column tests.
5. Details of Test Columns.-Of the entire lot of columns tested,
all but 34 were of 8-in. diameter. All (except two of Series 1) were
cylindrical, with a length seven and one-half times the core diameter.
In all but those of Series 6, the fireproofing was omitted and the spiral
*See Proceedings, American Concrete Institute, Vol. 27, p. 677-835, 1931; Vol. 28, p. 159-176,
279-348, 1932; Vol. 29, p. 275-284, 433-443, 1933.
t"Standard Specifications for Portland Cement," 1933 Book of A.S.T.M. Standards, Part II,
p. 3-5.
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TABLE 2
DATA OF CONCRETE MIXTURES
Materials.-Lehigh portland cement, Lincoln, Ill. sand, Attica, Ind. gravel. Unit weight of
aggregates, A.S.T.M. method, dry, rodded-sand 110 lb. per cu. ft., gravel 100 lb. per cu. ft.
Designed Water-Cement Ratio
Strength Series Proportions by weight
lb. per Number cement, sand, gravel by gallons
sq. In. volume per sack
2000 2,3,7,8,31 1: 4.05 :4.95 1.40 10.5
1 :4.05: 4.95 1.40 10.5
5,6 1 :3.83 :4.67 1.40 10.5
1 : 4.18: 5.27* 1.50* 11.25*
3500 2,3,7,8,31 1 :3.27 :3.98 1.10 8.25
5,6 1 :3.27 :3.98 1.10 8.25
1 :3.15: 3.85 1.10 8.25
5000 2,3,7,31 1 :2.25: 2.75 0.80 6.0
8000 2 1 :1.01 :1.24 0.50 3.75
*Used in 28- and 32-inch columns to reduce ultimate column strength.
TABLE 3
AVERAGE TENSILE PROPERTIES OF REINFORCING STEEL
Nominal sizes of bar used in all computations
Rail steel bars were plain square, all others deformed
Yield Point*
Bar No. Grade lb. per sq. in. Ultimate Elong. Used
Size of of Strength in 8 in. in
in. Tests Steel lb. per per Series
Maximum Minimum Average sq. in. cent No.
LONGITUDINAL STEEL
Y rd. 24 Interm. 50 600 43 800 45 600 73 300 19.5 2,3
Mrd. 4 Interm 47 500 54 600 50 500 75 200 23.9 8
A sq. 3 Interm. 48 300 47 700 47 900 74 900 22.3 1
M sq. 182 Interm. 57 000 50 800 53 400 83 200 21.4 2,3,6,7
j. sq. 10 Interm. 45 000 42 400 43 600 67 500 21.9 8
Y sq. 26 Struct. 42 100 36 700 40 400 59 300 28.2 2
Y sq. 24 Rail 75 400 63 000 68 300 109 100 16.0 2
Y sq. 16 Hard 75 400 70 400 71 700 135 800 7.1 31
% sq. 16 Alloy 97 800 94 300 96 400 133 200 11.2 31
%/s rd. 22 Interm. 43 600 35 800 39 300 61 800 27.1 2,3,7
Y% rd. 32 Interm. 54 000 48 600 51 100 84 500 21.2 2,3,7
V% rd. 45 Interm. 43 300 40 200 41 700 69 700 26.0 5,6
1 rd. 16 Interm. 56 200 48 700 50 400 83 900 23.3 5,6
16 sq. 8 Interm. 46 300 43 400 45 300 79 000 19.0 5, 6
HoT-ROLLED SPIRAL ROD
No. 5 19 Interm. 53 000 44 500 49 400 79 500 14.5 2,3,6
No. 5 15 Interm. 68 100 60 300 64 000 99 700 13.9 31
1/4 69 Interm. 52 800 39 700 48 200 74 200 19.0 3,5,6,7, 8
5/16 10 Interm. 47 100 39 700 44 500 75 500 20.0 5,6
3/8 25 Interm. 45 200 38 000 41 300 71 000 22.6 5,6
BRIGHT COLD-DRAWN WIRE
3/16 2 Wire 49 000 47 000 48 000 81 900 .... 1
No 5 6 Wire 85 200 75300 80 400 90 000 3.0 7
1/4 6 Wire 90 000 74 500 83 200 109 400 4.3 7
*No yield point on spiral stock. Values given represent a "useful limit" of the material, and are
stresses at a unit elongation of 0.005. This elongation is based upon observations of spiral strains at the
ultimate load on columns made with various percentages of spiral reinforcement. (See Bulletin 190,
Univ. of Ill. Eng. Expt. Sta.)
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TABLE 4
DETAILS OF REINFORCEMENT USED IN TEST COLUMNS
Nominal sizes of reinforcement are used in all calculations
Longitudinal Bars Spirals
Core* Height Used Used
Diam. ft.-in. Per- intcitinIn. Number P er
- ined  Pitch Per- in
and Size cent- Series Size in cent- Seriesage No. age No.
8 5-0 4-m-in. rnd. 1.57 2,3, 8 3/16 in. 1.35 1.00 1
8- 1 J-in. sq. 3.98 1, 2,3 No.5 (0.207 in.) 1.35 1.24 2,3,6,7,31
6, 7, 8, 31
4-Y-in. rnd. 5.94 2,3,7 
m in. 1.19 2.00 3,7, 8
12 7-6 4-%Y-in. rnd. 1.56 5,6 Y
1 in. 1.60 1.00 5,6
8-%-in. rnd. 4.25 5, 6
20 12-6 8--%-in. rnd. 1.53 5, 6 5/16 in. 1.51 1.00 5,6
16- 1-in. rnd. 4.00 5, 6
28 17-6 12- 1-in. rnd. 1.53 5,6 % in. 1.56 1.00 5,6
16-1 -in. sq. 3.28 5, 6
*Percentages of reinforcement based on this core diameter, out to out, of spiral.
reinforcement was practically at the column surface. In Series 6, a
2-inch thickness of fireproofing was used. As the result of the tests
of Series 1, all columns except those of Series 8 were made with the
milled ends of reinforcing bars flush with the concrete bearing faces.
In Series 8, the ends of the bars were stopped /4 inch short of the end
of the column, so that no bearing was transmitted to the bars.
The 8-in. columns were designed to have three percentages of longi-
tudinal steel, 1.5, 4, and 6, and two percentages of spiral, 1 and 2. The
larger columns were designed for 1.5 or 4 per cent of longitudinal steel
and 1 per cent of spiral. The commercial sizes chosen to meet these
designed values are given in Table 4, to which reference may be made
in connection with the tabulated results of all tests. The number of
bars selected are in multiples of 4, to facilitate strain measurements
on four sides of each column. The largest amount of longitudinal steel
used in the 28-in. columns was 3.28 per cent. The original design
amount of 4 per cent was reduced in this case to avoid exceeding the
capacity of a 3 000 000-lb. testing machine. Another variation from
the design percentage is seen in the 1.24 per cent of spiral reinforce-
ment for 8-in. columns. With the smallest size of hot-rolled spiral rod
available this was the smallest percentage possible without exceed-
ing a pitch of one-sixth of the core diameter.
6. Fabrication and Curing of Columns.-The concrete was mixed
in a one-bag batch mixer, the usual mixing time being 4 minutes. For
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FIG. 1. PLACING CONCRETE IN LARGE COLUMNS
the 8-in. columns all aggregates were reduced to a room-dry condition
previous to use. All materials were measured by weight. The 8-in.
columns were made from a single batch, with sufficient excess to per-
mit the making of six companion 6 by 12-in. cylinders. The concrete
was puddled with the aid of a steel tamping rod and a light air-ham-
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FIG. 2. PLACING CONCRETE IN SMALL COLUMNS
mer used on the outside of the form. In moulding the larger columns
each batch was hauled to the form in a bottom-dump bucket mounted
on a truck, lifted by a 10-ton crane, and discharged into the form, as
shown in Fig. 1. The largest columns required 25 batches of concrete
and weighed about 8 tons.
The 8- and 12-in. forms were made of steel pipe, split into quad-
rants and held together with circular clamps. Joints in these forms
were sealed with paraffin previous to casting columns. The larger
forms were standard steel column forms, furnished by the Kalman
Steel Company.
The vertical bars used in all columns were milled to exact length,
then wired to the spirals to form a unit or cage. The unit was placed
on a machined base plate, the form assembled around it and plumbed.
To insure that the ends of bars remained in a plane, a machined 6-in.
pipe flange (for the 8-in. columns) was forced down against the upper
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FIG. 3. END VIEW OF SMALL COLUMNS
ends of the bars, and the concrete placed in the column through the
6-in. opening in the flange, as shown in Fig. 2. For the larger columns
it was found satisfactory to assemble the reinforcing unit in a vertical
position on the base plate before wiring, with the result that the weight
of the bars held them in contact at the bottom. In casting columns,
the concrete level was brought nearly to the tops of the reinforcing
bars. After the concrete had stiffened, a thin layer of neat cement paste
was applied to the top and a machined bearing plate pressed down
on this cap until it rested firmly on the milled ends of the bars. With
this technique it was not difficult to bring the ends of the bars into
the plane of the cement cap, as shown in Fig. 3.
Forms were removed from the 8-in. columns the day after mould-
ing, gage lines were prepared by exposing the reinforcing steel and by
setting small steel plugs in the concrete with quick-setting cement.
Gage holes were drilled for strain measurements with a No. 54 drill.
Initial strain readings were taken, gage holes were given a coating of
vaseline to prevent corrosion, and the columns were placed in the moist
room for the remainder of the 56-day moist storage period. The air
of the moist room was kept saturated by humidifying sprays and the
temperature was held at 70 deg. F., with an average weekly varia-
tion of about one degree. Due to the size and weight of the large
columns it was impossible to place them in the moist room. They were
stored in the main crane bay of the laboratory, under burlap which
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was wet down generally three times a day. The temperature of the
room during the curing period (June to September) ranged from 70
to 85 deg. F. The temperature beneath the wet burlap was lower, and
the average value did not vary greatly from 70 deg. F.
7. Testing Methods.-All columns except those of Series 3 and 4
were tested to failure in one of four testing machines, a 3 000 000-lb.
Southwark-Emery hydraulic machine, a 600 000-lb. Riehle, a 400 000-
lb. Riehle, and a 300 000-lb. Olsen screw-power testing machine. A
rate of loading was chosen for the hydraulic machine comparable with
the speeds obtained with the screw-power machines.
Load was applied to the columns through a spherical bearing block
at the top, and in some cases through both top and bottom blocks.
After a small zero load was applied, these blocks were wedged in a
fixed position to prevent rotation. The columns were thus loaded as
"flat-ended" columns.
Strain measurements were made by the use of various types of
gages. In the majority of the work longitudinal strains were measured
with a 10-in. Whittemore gage at gage lines on four sides of the
column on concrete and on steel. The centers of these lines were
located 10 inches from the top and bottom of the column, and at mid-
height. Lateral deformations were measured by use of a special gage,
on diametral gage lines. Other gages used were a 10-in Berry gage,
8-in. Berry gages with long legs which were used on the columns
having 2-in. protective shells, a 50-in. direct reading gage which was
used to measure changes in length during moist storage, and a 10-in.
direct reading gage used to read large strains beyond the range of the
Whittemore and Berry gages. The precision of these gages was con-
sidered satisfactory for the purpose.
III. SERIES 1. EFFECT OF END CONDITIONS OF TEST COLUMNS
8. Types of End Conditions.-This group of ten columns was de-
signed to furnish information as to the most desirable type of end
condition to be used in the columns of the later series of tests. Four
types of end condition were included in the group, with two columns
of each type except Type 1, for which there were four. Figure 4 shows
details of the four column types. All of the columns had eight %-in.
square bars (4 per cent) of intermediate grade, and %6 -in. cold-drawn
wire spirals, 8-in. outside diameter, and 1.35-in. pitch (1 per cent).
The columns of Type 1 had the ends of the reinforcing bars flush with
the ends of the concrete. In Type 2, a capital 15 in. in diameter and
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FIGa. 4. TYPES OF COLUMNS USED IN SERIES 1
18 in. long was added at each end of the column shaft, making the
total length 8 ft. The reinforcing bars extended into these capitals to
a point 3 in. from the end bearing faces, but the spirals were stopped
12 in. from the ends of the column. No other reinforcement was used
in the capitals. In Type 3 a 20-diameter splice was made in the longi-
tudinal bars at each end of the column. This was done by stopping the
main bars 3 in. from each column end and using 13-in. dowel bars
which ended flush with the column ends. Type 4 was like Type 3
except that a 15-in. lap (30 diameters) was used. The dowels were
wired to the main longitudinal bars. Properties of the reinforcing steel
are given in Table 3.
9. Results of Tests of Series 1.-The columns were tested after
28-day moist curing, with the load applied in about 10 increments up
to failure. A full set of strain measurements was taken at each load
increment. In the columns having lap splices in the reinforcement
strains were read only on the main bars, not on the dowel bars. Figure
5 shows views of columns of Types 1 and 2 during testing.
Since the spiral wire used was of relatively low strength, approxi-
mating intermediate-grade hot-rolled rod, and the concrete was of
wI,'2
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Fla. 5. COLUMNS OF TYPES 1 AND 2 DURING TESTING
relatively high strength, the one per cent of spiral did not add a very
large margin of strength beyond the yield point of any of the columns.
Little lateral deformation was noted until the yield point of a column
was reached, and no appreciable spalling occurred until shortly before
the ultimate load was reached. The spiral wire did not break until the
maximum load had been passed; then failure occurred by the snapping
of one or more wires and outward buckling of the longitudinal bars.
The manner of failure of the two columns of Type 2, with capitals,
is noteworthy. Column g failed in the shaft in much the same manner
as the other columns, but breakage of spiral wire after failure was
prevented by splitting of the capital at the top of the column. The
strength of this column was equal to that of the strongest column of
Type 1. Column j failed through the splitting of both capitals, before
the full strength of the shaft had been developed.
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TABLE 5
RESULTS OF TESTS OF COLUMNS OF SERIES 1
Reinforcement, 8-2-in. squares, intermediate grade.
Spirals, 3/16-in. cold-drawn wire, 1.35 in. pitch.
Spirals 8 in. outside diameter, core area 50.2 sq. in.
Cylinder strengths represent average of three tests.
Age of columns and cylinders at test, 28 days.
Maximum Load 6 by 12-in. Cylinder
Type Column End Conditions Com-
No. lb. per percent- pressive
lb. lb. per age of lin.mp Strength
sq. . Type 1 lb. per
sq. in.
1 a Bars milled, ends 376 300 7500 6.3 5080
b flush with con- 367 000 7300 6.3 5080
h crete 358 700 7150 4.2 5220
k 374 100 7450 4.4 5310
Av. 369 200 7350 100.0 5.3 5170
2 g Enlarged capitals 376 900 7510 4.4 5220
j at ends 347 000 6910 4.2 5310
Av. 361 900 7210 98.1 4.3 5265
3 c 20-diam. lap of 331 000 6600 2.8 5240
d bars. Dowels 375 300 7480 2.8 5240
Av. milled and flush 353 200 7040 95.6 2.8 5240
at ends
4 e 30-diam. lap of 365 300 7280 6.3 5110
f bars. Dowels 345 300 6880 6.3 5110
Av. milled and flush 355 300 7080 96.2 6.3 5110
at ends
The principal results of the tests of Series 1 are given in Table 5,
together with data on the quality of the concrete used. Both columns
and companion cylinders showed unusual uniformity of strength.
There was only 5 per cent difference in average strength between the
columns of Type 1, which were the strongest, and those of Type 3,
which were the weakest of the group. Furthermore, the average com-
pressive strength for all of the companion cylinders was 5195 lb. per
sq. in. and the variations in the concrete cylinder strengths for the
four different types of columns did not exceed 1.6 per cent of this
average value.
Average longitudinal strains for all columns of the series are shown
in Fig. 5. The strains in concrete and steel at any point are generally
similar, except for those gage lines on columns of Types 3 and 4 which
were located within a lap splice. The gradual separation of concrete
and steel strains for these columns also indicates some slipping of the
steel at the higher loads. In all of the columns the point at which
high early strains developed usually coincided with the point of fail-
ure. In those with dowels failure occurred within the lap splice, while
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in the others a majority of the failures were in the upper third of the
column height.
The initial modulus of elasticity of the concrete, as found from the
28-day control cylinders, averaged 4 320 000 lb. per sq. in. for the 10
columns.
10. Analysis of Strength of Columns.-The results from Series 1,
comprising only 10 column tests, with variable end conditions, ob-
viously cannot be used in establishing a general column formula. The
object of the following analysis is to present the results in a form that
may be easily studied in connection with the more comprehensive tests
to follow. A well-established method of expressing the ultimate
strength of a column is to consider it made up of three elements,
(1) the ultimate strength of the net concrete core area, considered as
plain concrete, (2) the load required to stress the compressive rein-
forcement to the yield point, and (3) the load required to stress the
spiral reinforcement to its limit of effectiveness. Expressed alge-
braically, the unit strength is given by Equation (1).
P = Cf', Ac (1 - p) + A,f, + k p' Acf'
or
P
- = Cf' (1 - p) + pf, + k p'f'. (1)A,
wherein P = ultimate axial load on column, in pounds
Ac = area of column core (within outer circumference of
spiral)
A, = area of vertical reinforcement = p A,
f'c = compressive strength of 6 by 12-in. concrete control
cylinders
fy = yield point stress of vertical reinforcement
f, = useful limit stress of spiral reinforcement (assumed as
the stress at a unit deformation of 0.005)
p = ratio of area of vertical reinforcement A, to core area A.
p' = ratio of volume of spiral reinforcement to volume of
concrete core
C, k = constants
In a similar way, the yield point strength P' of a spirally-reinforced
concrete column (or the ultimate strength of a tied column) may be
expressed as
-- = Cf'c (1 - p,) + Pfy (2)
Ag
wherein A, = the gross or overall area of column section
and p, = ratio A,/A,
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TABLE 6
ANALYSIS OF DISTRIBUTION OF COLUMN STRENGTH,
SERIES 1 COLUMNS
Portion Column Strength Attributed to
Type Column Cylinder
of End Strength Strength Concrete* Vertical Steel Spiral Steel
Col- Condition P/A f,'
umn lb. per lb. per
sq. in. sq. in. 0.85f/' (3.98 per cent (1.0 per cent
X 0.96 f. = 47 900) f. = 48 000)
lb. per sq. in. lb. per sq. in. lb. per sq. in.
1 Ends flush 7350 5170 4215 1900 1235
2 Capitals 7210 5265 4290 1900 1020
3 20-diam. lap of bars 7040 5240 4270 1900 870
4 30-diam. lap of bars 7080 5110 4165 1900 1015
Average 7170 5195 4235 1900 1035
*Concrete section is 96 per cent of core area.
Regarding the constant C in Equations (1) and (2), it is definitely
known that the strength of a plain concrete column 71 diameters
in length should be less than that of a 6 by 12-in. cylinder. Previous
tests,* and those of Series 2 to follow, indicate that the value of C
should be 0.80 to 0.85 and the latter value will be used here. The
vertical reinforcement was of intermediate grade (f, = 47 900 lb. per
sq. in.) and the ratio p was 0.0398. The drawn wire spiral reinforce-
ment had no well-defined yield point, but on the basis of previous testst
the useful limit was estimated at 48 000 lb. per sq. in., which was the
stress existing in the wire, in coupon tests, at a unit strain of 0.005.
Table 6 gives the distribution of the ultimate strength of columns
of Series 1 on the basis of Equation (1). The strength contributed by
the spiral is found by eliminating that due to concrete and vertical
steel, hence this portion contains all of the variability of the test
strengths, whereas it is much more probable that such variations were
due to the different end arrangements of the vertical steel. However,
the variation in the constant k, which may be termed the spiral effec-
tiveness factor, is not unduly great, ranging from 1.81 to 2.57, with an
average value of 2.16. It represents the ratio of effectiveness of spiral
reinforcement to vertical reinforcement (of like quality) in producing
ultimate column strength.
From a consideration of the relative strengths of the columns of
the four types given in Table 5 it might be concluded that any one of
the four types would give satisfactory results, with the possible excep-
tion of the type having enlarged ends. However, since there was no
*Bulletin 190, Eng. Expt. Sta., Univ. of Ill.
tBulletin 190, loc. cit.
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apparent advantage with either the columns having capitals or those
having dowels, economy of material and labor pointed to the selection
of the type with plane ends. This type was used in all of the remain-
ing columns of the investigation, with the exception of a few columns
of Series 8, and has proved quite satisfactory.
IV. SERIES 2. EFFECT OF RATE AND MANNER OF LOADING
11. General Features of Tests.-This series of tests was planned to
secure information on several phases of column strength, including
different methods of loading, a large range in kind and amount of re-
inforcement and in quality of concrete. Most of the columns were
made with three grades of concrete, designed to produce 56-day
strengths of 2000, 3500, and 5000 lb. per sq. in. In addition, a small
group was made with concrete designed to produce a 56-day strength
of 8000 lb. per sq. in. when compacted into place by the use of an
electric vibrator.
Longitudinal reinforcement of three different grades was included
in the series, and in general three different percentages ranging from
1% to 6 per cent were used. The grades of steel used were specified to
meet requirements for intermediate, structural, and rail steel. The
spiral reinforcing was of intermediate-grade, hot-rolled rod; about
1% per cent was used in all columns of this series.
As noted, one of the principal studies embodied in this series was
that of rate of loading of the test column. The method used in most
previous column tests has been to apply the load in increments, allow-
ing only sufficient time between increments for the observation of
strains. It was felt that in the range of plastic action of the column
a longer period of time between increments would produce a consider-
able amount of plastic deformation and might have a decided effect
upon the carrying capacity of the column. Accordingly, two methods
of testing, denoted as "fast" and "slow" loading, were adopted. Under
the "fast" loading the load was applied to the column in ten or more
increments with a time interval between increments of 15 minutes or
less, during which strain measurements were taken. In the "slow"
loading, a load of approximately % of the estimated yield point
strength of the column was applied in eight to ten equal increments
at the "fast" rate of loading; then subsequent loads were applied in
6 to 10 increments at intervals of four hours. With this procedure
strain readings were taken during each 4-hr. interval immediately
before and after the application of an increment of load.
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The amount of flow in the test piece during a 4-hr. period naturally
caused a slight release of load by the testing machine. To minimize
this condition for the tests under slow loading, a special load-holding
device was used. This consisted of a bed of coiled springs having a
total capacity greater than the column strength and a total shortening
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of approximately 11/2 in. The shortening of a column due to plastic
yielding of a few hundredths of an inch produced very little difference
in the pressure exerted by this bed of springs and hence the load was
held very nearly constant throughout a full 4-hour period. A view of
a column as tested with one of these devices is shown in Fig. 6.
Another feature of the tests with slow loading, which lasted from 36
to 48 hours, was the use of a protective case, lined with wet burlap
and placed around the column to prevent its drying out.
12. Results of Tests.-The principal results of the tests of Series
2 are given in Table 7. In all tests but those in which 8000-lb. con-
crete was used two companion specimens were tested under both fast
and slow loading. In addition to the columns originally planned, 26
plain columns were included in a study of the action of the concrete
alone under fast and slow loading, and the results for these are given
in Table 8.
The data of Tables 7 and 8 indicate that there was not a very
marked difference in the carrying capacity of columns tested under
the two methods of loading, but there was a considerable difference
in the amount of deformation measured, as indicated by typical
stress-strain curves foi corresponding gage lines of columns tested
under fast and slow loading shown in Fig. 7. Apparently the amount
of flow that occurs during a 4-hr. period, while producing a definite
shortening of the column, does not produce appreciable changes in
strength, aside from the results obtained for the plain columns. The
difference in action between plain and spirally-reinforced columns is
readily explained. It has been found in previous investigations that,
after plain concrete has reached 75 to 85 per cent of its ultimate
strength, a decided change in its action takes place wherein lateral
bulging develops, internal breakdown of the material begins, and
plastic deformation increases rapidly. The failure of plain concrete
may thus be expected to take place much sooner under the slow load-
ing than under the fast loading. When concrete is restrained within
an envelope of spiral reinforcement, it soon reaches a stage of almost
entirely plastic deformation, wherein the loads carried are in a definite
proportion to the lateral pressure exerted by the spiral reinforcement.
This proportion is independent of the amount of lateral deformation,
and hence the column will carry a given load as long as a definite
pressure is exerted by the spiral reinforcement. Column failure evi-
dently occurs when the spiral becomes unable to furnish increased
lateral pressure with an increase in lateral deformation. It is unlikely
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TABLE 7
RESULTS OF TESTS OF SERIES 2 REINFORCED COLUMNS
All reinforced columns 8 in. core diameter, 5 ft. long, 2 companion columns of each type.
Columns cured 56 days in moist room and tested moist.
All aniral rnifnrnAwmpnt. f int.rmclia.nt. arnta ft.ssl
Column Strengt
Percentage of Fast Loading
Reinforcement
INTERMEDIATE GRADE VERTICAL BARS
a 2000 3.98 1.24 269 000 5350 2950 252 000 5000 2180
b 2000 3.98 1.24 267 500 5310 2490 240 000 4770 2100
c 262 800 5210 2230
d 269 000 5340 2135
Average 268 250 5330 2720 255 950 5080 2160
a 3500 3.98 1.24 276 000 5490* 3530 310 000 6150 3910
b 3500 3.98 1.24 298 000 5920 3770 271 000 5380* 3790
Average 287 000 5705 3650 290 500 5765 3850
a 5000 3.98 1.24 362 000 7200 5550 383 000 7600 4880
b 5000 3.98 1.24 360 000 7160 5710 381 000 7560 5530
Average 361 000 7180 5630 382 000 7580 5205
STRUCTURAL GRADE VERTICAL BARS
a 2000 3.98 1.24 217 000 4310 2310 231 000 4590 2150
b 2000 3.98 1.24 226 000 4490 2050 227 000 4510 2060
Average 221 500 4400 2180 229 000 4550 2105
a 3500 3.98 1.24 265 000 5270 3650 284 000 5650 3470
b 3500 3.98 1.24 271 000 5390 3450 300 000 5950 3590
______ _ _________Average 268 000 5330 3550 292 000 5800 3530
a 5000 3.98 1.24 352 000 7000 6080 360 000 7150 5640
b 5000 3.98 1.24 354 000 7040 5620 336 000 6670 5800
Average 353 000 7020 5850 348 000 6910 5720
RAIL STEEL VERTICAL BARS
a 2000 3.98 1.24 288 000 5730 2250 267 000 5300 2070
b 2000 3.98 1.24 294 000 5850 2330 285 500 5680 2170
Average 291 000 5790 2290 276 250 5490 2120
a 3500 3.98 1.24 340 000 6760 3550 350 000 6950 3770
b 3500 3.98 1.24 347 800 6900 3450 330 200 6570 3570
Average 343 900 6830 3500 340 100 6760 3670
a 5000 3.98 1.24 456 000 9080 5510 414 500 8240 5500
b 5000 3.98 1.24 378 500 7540 5200 433 800 8600 5350
Average 417 250 8310 5355 424 150 8420 5425
INTERMEDIATE GRADE VERTICAL BARS
a 3500 0 1.24 209 000 4150 3560 201 500 4000 3580
b 3500 0 1.24 208 000 4130 3660 212 600 4220 3490
_Average 208 500 4140 3610 207 050 4110 3535
a 3500 1.57 1.24 226 000 4500 3440 234 000 4650 3870
b 3500 1.57 1.24 241 500 4800 3290 243 500 4840 4050
Average 233 700 4650 3365 238 750 4745 3960
a 3500 5.94 1.24 314 000 6240 3660 323 000 6420 3190
b 3500 5.94 1.24 337 000 6700 3280 327 200 6500 3630
Average 325 500 6470 3470 325 100 6460 3410
a 8000 0 1.24 390 000 7760 6920
b 8000 0 1.24 421 000 8380 6960
___________ _____Average 405 500 8070 6940________
a 8000 1.57 1.24 400 000 7950 7570
b 8000 1.57 1.24 420 200 8350 7310
___________ _____Average 410 100 8150 7440_________________
a 8000 3.98 1.24 463 000 9200 7690
b 8000 3.98 1.24 482 000 9600 6790
Average 472 500 9400 7240
a 8000 5.94 1.24 488 000 9710 7310
b 8000 5.94 1.24 450 000 8950 7100
Average 469 000 9330 7205
*These columns showed large deflections at failure.
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TABLE 8
RESULTS OF TESTS OF SERIES 2 PLAIN COLUMNS
All columns 8% in. diameter, 5 ft. long, 2 companion columns of each type.
Columns cured 56 days in moist room and tested moist.
Column Strength Column StrengthDesigned Fast Loading Cylinder Slow Loading Cylinder
Column Strength Strength Strength
No. lb. per lb. per lb. per
sq. in. Total lbUnit sq. in. Total Unit r sq inQIn. lb. lb. per lb. lb. per
sq. in. sq. in.
a 2000 89 000 1665 2170 85 000 1590 2280
b 2000 100 000 1870 2125
c 2000 100 000 1870 2505 103 000 1930 2240
d 2000 89 500 1675 2400
Average 94 600 1770 2300 94 000 1760 2260
a 3500 140 000 2620 4100
e 3500 145 000 2720 3570 Broken
f 3500 139 000 2600 3570 162 400 3040 4100
o 3500 160 000 3000 3740
Average 146 000 2730 3745
b 5000 260 300 4870 5850
c 5000 246 000 4600 5010 253 600 4740 5520
e 5000 268 100 5020 5435
d 5000 240 000 4500 .... 236 000 4420 5450
Average 253 600 4760 5430 244 800 4580 . 5485
a 8000 333 000 6230 6820
b 8000 336 000 6290 6840 302 000 5650 8165
f 8000 292 500 5470 7480
g 8000 335 000 6260 7720 276 000 5160 7015
Average 324 100 6060 7215 289 000 5400 7590
that it would ever be possible to have sufficient plastic deformation
or flow of the concrete between spiral wires to decrease the pressure
exerted by the spiral reinforcement under a dead load.
Figure 8, showing ultimate column strengths plotted against the
strength of control cylinders, furnishes a comparison of the effects of
fast and slow loading. Results are given for all columns made with
1.24 per cent of spiral and 3.98 per cent of longitudinal reinforcement,
as well as for plain columns. Evidently the fast and slow loading pro-
duced no consistent difference in strength, such differences as appear
being within the normal variation to be expected with a single method
of loading. Accordingly, curves have been drawn to represent average
results for the two loading methods. The average points are connected
in two ways: by broken lines, which represent actual values, and by
solid straight lines, which fit the results fairly well, and represent the
logical variation of column and concrete strengths. The four solid
curves of Fig. 8 permit a study of the effect of the three grades of
longitudinal reinforcement, and of the four concrete mixtures used.
While the four curves are not quite parallel, the average slope for
the reinforced concrete columns is very slightly less than that for the
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FIG. 7. STRESS-STRAIN CURVES FOR FAST AND SLOW LOADING, SERIES 2
plain columns, indicating that the effect of concrete strength is the
same for both types. The average slope of the four curves is about
0.8. This verifies previous tests, which indicate that the differences
in strength of spirally-reinforced columns due to differences in con-
crete mixtures is equal to the difference in strength of plain columns
of these mixtures, times the quantity (1 - p). That is, the slopes of
the upper three curves should be 96 per cent of that for the plain
columns.
13. Effect of Strength of Reinforcement.-The intersections of the
solid average curves of Fig. 8 with verticals representing concrete
strengths of 2000, 3500 and 5000 lb. per sq. in. have been plotted in
Fig. 9, correction being made in this way for variations in actual
cylinder strengths. Figure 9 shows column strengths plotted against
the average yield-point stress for each grade of longitudinal reinforce-
ment. Such a comparison is slightly inaccurate, since there was some
variation in the yield-point stresses for each grade of steel, but cor-
rections for variations in the reinforcement of individual columns
were not considered necessary. However, it is evident that the in-
crease in column strength is very nearly proportional to the increase
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CYLINDERS, FAST AND SLOW LOADING, SERIES 2
in average yield-point stress of the steel. With 3.98 per cent of re-
inforcement, an increase in yield-point stress from 40 400 to 68 300
lb. per sq. in. should produce an increase in column strength of 0.0398
X 27 900 or 1110 lb. per sq. in., whereas the average increase for the
three curves is 1300 lb. per sq. in. Much of this difference is probably
due to a peculiarity in the stress-strain curve of the rail steel, which
gives it an effectiveness somewhat above the yield-point value. This
steel did not exhibit a well-defined yield point, and the effective stress
in the steel at failure of the column was evidently somewhat above
the value of 68 300 lb. per sq. in. determined from coupon tests.
14. Analysis of Strength of Columns.-In studying the distribution
of column load between the concrete section, the longitudinal steel
and the spiral steel, further reference may be made to Fig. 8. Con-
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FIG. 9. COLUMN STRENGTHS AND YIELD POINT STRESSES OF
LONGITUDINAL STEEL, SERIES 2
sidering that the concrete of the reinforced column receives a stress
equal to the strength of the plain column on a section 96 per cent of
the core area, the portion of the column strength to be attributed to
the reinforcement is found. Such values from Fig. 8 are shown by
the plotted points in Fig. 10. This load is distributed between longi-
tudinal and spiral reinforcement, by computing the load on the for-
mer as 0.0398 times the yield-point stress. The shaded areas indicate
the relative portions of the column load attributed to each form of
reinforcement. In view of the fact that accidental variations in column
strength have thus been thrown into the portion attributed to the
spiral reinforcement, it is of interest that this portion is so nearly
constant for the nine combinations of concrete and longitudinal steel
shown. The average unit stress due to spiral reinforcement for the
nine cases is 1245; considering this as k f,' p' (See Equation (1), Sec-
tion 10), with f/' equal to 49 400 lb. per sq. in. and p' equal to 0.0124,
the resulting value of k for the 38 columns is found to be 2.05.
In addition to the columns analyzed in Figs. 8 to 10, Series 2 con-
tains another group of 20 columns made with 3500 and 8000-lb. con-
crete, 1.24 per cent spiral reinforcement, and varying percentages of
vertical reinforcement. The effectiveness of the spiral in these may
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also be analyzed by the foregoing method, using values of plain col-
umn strength from Fig. 8. On this basis, the average effectiveness
factor k for these columns is 2.19, making a grand average for the
58 spiral columns of Series 2 of k- 2.10. It should-be kept in mind
that, in deriving this value of k, the column concrete strength has
been taken as about 80 per cent of the cylinder strength; if it had
been taken at 85 per cent, as has been done quite generally in other
series of tests, the average effectiveness of the spiral would have been
decreased from 2.10 to approximately 1.75 for Series 2.
15. Yield Point of Column.-As noted in Section 10, the load at
which a marked break in the rate of deformation of a column with
respect to load occurs may be called the yield point of the column.
This point is reached when the yield point of the vertical steel and
the ultimate strength of the plain concrete are exceeded, and is ap-
parently independent of the percentage of spiral reinforcement. In
columns without spiral reinforcement, the yield point and the ultimate
load coincide. Figure 11 shows the stress-strain curves for various
columns of Series 2 under fast loading, and the yield point, calculated
by Equation (2), Section 10, is also shown for comparison. These
curves may be compared later with curves from Series 3, in which
the columns tested contain large initial steel stresses.
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V. SERIES 3. EFFECT OF SUSTAINED LOADING
16. Outline and Conditions of Tests.-The purpose of this series of
tests was (1) to make a systematic study of the amounts of shrinkage
and plastic flow produced in reinforced concrete columns under or-
dinary working stresses, continuously applied, (such as have been
noted by other investigators,*) and (2), having induced a redistribu-
tion of stresses in a column due to the action of shrinkage and flow
over a period of- perhaps a year, to study the effect upon the strength
of the column as found by testing it to failure in the usual manner in
a testing machine. The series included 153 columns all of 8¼-in.
diameter and 60-in. length. Of these, 60 reinforced columns were held
for a year under design load, and 48 were duplicate columns held in
similar storage but under no load, making a total of 108 reinforced
columns. The remaining 45 columns were of plain concrete; six of
these were held under a sustained load. The design loads for the re-
inforced columns were determined from the column formulas of the
American Concrete Institute Joint Building Code, except for four
columns which were loaded according to the design formula of the
1916 Building Code for New York City.
A list of the columns of Series 3, including the design loads used,
*F. R. McMillan, "A Study of Column Test Data," Proc. Am. Cone. Inst., Vol. XVII, p.
150-181, 1921.
W. H. Glanville, "The Creep or Flow of Concrete Under Load," Building Research Station
Technical Paper No. 12. Dept. of Scientific and Industrial Research, London, 1930.
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TABLE 9
EFFECT OF SUSTAINED LOADS ON COLUMNS OF SERIES 3
The series included 108 reinforced columns (two of a kind). The columns had S-in. core diameters
8 )-in. overall diameter, and were 5 ft. long. Columns were cured for 56 days in moist room, then held
under strain observation for 1 year, while subject to sustained design loads. At the end of this period,
the columns were tested to failure in axial compression, except for a small group (marked *) which was
reserved for further sustained loading. Design loads were based on A.C.I. Joint Building Code formulas
except for 4 columns (marked t) loaded according to 1916 New York Code formula. All reinforcement
was of intermediate grade steel. Cylinder strengths and unit stresses are given in pounds per square
inch. Positive values indicate compression; negative, tension.
Column Design Loaded Columns Unloaded
C______________ olumns
At Load Application After 1 yr.
Percentage Design After 1 yr.
Reinforce- Load
Concrete ment lb. From
Strength _ Elastic From Strains From From
lb. per Theory Strains Strains
sq. i. Ver,-
tical Spiral
/A A !. f. f./A f. f. f. Af
AIR STORAGE
2000 1 2 38 000 6 900 660 7 300 650 11.2 21 200 430 4700 -75
4 0 37 200 5 700 535 4 300 685 6.3 11 400 300 2600 -55
4 1 64 000* 9 800 920 9 400 940 10.0 19 200 530 1200 -50
4 2 64 000 9 800 920 12 100 825 14.7 20 300 485 900 -20
6 2 90 000 12 100 1140 12 200 1130 10.8 22 600 475 500 -15
3500 1 0 47 200 6 750 845 6 400 855 7.5 22 400 600
1 1 52 400* 7 500 940 9 800 905 10.8 25 400 650
1 2 52 400* 7 500 940 7 000 945 7.4 26 700 635 4200 -65
1 2 t67 000* 9 550 1205 11 100 1175 9.5 30 800 865 .... ...
4 0 55 200 6 850 6500 6 500 870 7.5 17 000 440 1900 -40
4 1 79 000* 9 800 1235 9 800 1230 7.9 22 200 715 2200 -90
4 2 79 000 9 800 1235 10 200 1210 8.5 20 600 780 800 -15
6 0 81 200 9 100 1145 6 000 1335 4.5 14 500 800 .... ...
6 1 108 600 12 050 1540 12 400 1515 8.2 23 100 835 .... ...
6 2 108 600* 12 050 1540 13 100 1470 8.9 23 500 820 -1000 60
6 2 t75 200* 8 420 1060 8 300 1065 7.8 15 000 640 .... ...
5000 1 2 59 400 7 650 1080 7 300 1080 6.7 23 200 830 6700 -110
4 0 72 000 8 150 1155 8 600 1130 7.6 21 600 600 3200 -65
4 1 96 000*10 850 1540 10 600 1550 10.1 25 000 950 1700 -70
4 2 96 000 10 850 1540 9 000 1620 5.6 23 300 550 3300 -70
6 2 130 400 13 300 1915 15 500 1780 8.7 25 200 1170 2100 -65
MOIST STORAGE
2000 4 0 37 200 5 700 535 4 200 595 7.1 4 300 590 -2800 55
4 1 64 000 9 800 920 9 200 945 9.8 11 800 835 -3900 80
4 2 64 000 9 800 920 9 000 950 9.5 9 300 940 -3600 75
3500 4 0 55 200 6 850 860 9 600 745 12.9 7 800 820 -4600 95
4 1 79 000 9 800 1235 7 600 1320 5.8 11 500 1165 - 500 10
4 2 79 000 9 800 1235 7 600 1320 5.8 12 000 1145 -1600 35
5000 4 0 72 000 8 150 1155 6 000 1240 4.8 9 100 1120 -6000 125
4 1 96 000 10 850 1540 11 300 1520 7.4 11 600 1510 -2700 55
___ 4 2 96 000 10 850 1540 9 800 1580 6.2 12 800 1465 -3300 70
is given in Table 9. All columns were cured in the moist room for 56
days. They were then placed in one of the following four conditions
of loading and storage, maintained for a period of one year:
(1) Under design load, in air of laboratory
(2) Under no load, in air of laboratory
(3) Under design load, in moist room
(4) Under no load, in moist room
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The columns stored in air were subject to temperatures of 70 to 88
deg. F., and to relative humidities of 40 to 90 per cent. Those in the
moist room were at temperatures of 70 _+ 4 deg. in a saturated atmos-
phere. Systematic strain measurements were made on all of the
columns throughout the year.
Table 9 shows that three grades of concrete were used. These were
designed to produce 56-day cylinder strengths of about 2000, 3500 and
5000 lb. per sq. in. Three percentages of longitudinal reinforcement,
roughly 1.5, 4, and 6, and two percentages of spiral, 1.2 and 2, were
employed in the various columns. The design of the columns and the
details of materials and making of columns were identical with those
for Series 2, Chapter IV. Four 6 by 12-in. control cylinders were
made with each corumn, two tested at the age of 56 days, and two
tested a year later when the column was loaded to failure.
All reinforcing steel in this series was of intermediate grade. Yield
points of vertical steel, in lb. per sq. in., were: 1.57 per cent, 45 600;
3.98 per cent, 53 400; 5.94 per cent, 45 200. Similarly, the useful
limit of spiral steel was: 1.24 per cent, 49 400; 2.0 per cent, 48 200.
17. Method of Applying Sustained Working Loads.-The ap-
paratus for applying and holding a constant load on the columns may
be described by reference to Fig. 12. Companion columns, tested in
pairs to save apparatus, were confined between bearing plates by
four steel tie rods. The desired tension was maintained in these rods
by four heavy coiled compression springs, to be seen at the top of
each rig in the figure. These springs were calibrated, after having
been subjected-to ten repetitions of their capacity load, for the pur-
pose of relieving localized stresses and thus minimizing the permanent
set which might occur under the long-continued loading. The load
was applied to the columns by tightening the nuts on the four tie-rods
until the pre-determined shortening of each spring was reached. This
shortening varied from 1.0 to 1.3 in. with the five sizes of springs used.
To minimize eccentric loading and to stabilize the loading rig, the
tie rods were run through holes in a bearing plate between columns
at mid-height of the rig.
A complete set of strain measurements was taken on the columns
immediately before and after applying the load, then generally after
1, 3, 7, 14 and 28 days, and at monthly intervals thereafter. These
measurements were taken on a total of 16 gage lines, 8 at the middle
and 4 near each end of column, and included complete check readings.
Measurements of spring shortening were taken coincident with column
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strain measurements, and the compression in the springs was adjusted
at intervals to compensate for the gradual yielding of the columns.
As previously noted, the columns were loaded at safe working
stresses computed by use of the design formulas for tied and spirally-
reinforced columns of the 1928 American Concrete Institute Joint
Building Code and for spirally reinforced columns of the 1916 New
York City Building Code. These formulas are as follows:
A.C.I. Code, Tied Columns
PA, = 0.225f' 1 + (n - 1)p] (3)
A.C.I. Code, Spiral Columns
P F 7i 71
- = 300 + (0.10 + 4p) f' 1 + (n - 1)p
A L IL I
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N.Y. Code, Spiral Columns, Intermediate Grade Spirals
P
A =fc[ 1+ (n - 1)p +2f.p' (5)
in which P = total load on column.
A = sectional area within outer circumference of spiral.
A, = gross or overall section of column.
f' = ultimate strength of control cylinders.
fc = allowable working stress in concrete.
f, = allowable working stress in spiral reinforcement.
p = ratio of longitudinal reinforcement.
p' = ratio of spiral reinforcement.
n = ratio of moduli of elasticity of steel and concrete.
The units of load and dimension are pounds and inches.
Although the foregoing formulas were used in computing column
design loads, many of the test columns did not meet all of the limita-
tions of these codes as to proportions and amount of reinforcement,
quality of concrete, and thickness of protective shell. It was con-
sidered desirable for the purposes of the tests to use combinations of
the materials outside the restricted limits of the codes, and to use the
design load which seems to be in essential accord with the code
requirements.
The working loads used with all columns are listed in Table 9.
For the plain columns no formula is applicable, and a stress of 0.25
fe' was used as being comparable to some degree with the concrete
stress in the reinforced columns.
18. Strains in Columns after Sustained Loading for One Year.-
Table 9 gives a list of the columns of this series, with the design loads
used, and a tabulation of the stresses in vertical steel and concrete as
computed from strains measured in the columns after they had been
under sustained load for a year. The table also gives the compressive
strength of control cylinders made and stored with the columns, as
determined at the beginning and end of the one-year period. It is of
interest here that the air-stored cylinders showed an average increase
in strength of about 15 per cent, while the moist-stored cylinders
showed about 30 per cent increase from the age of 2 months to that
of 14 months.
A tabulation of stresses, similar to Table 9, was made up after
the columns had been loaded for 5 months, and it is interesting that
there was very little increase in flow from the 5-month to the one-
year period. The observations after five months loading were taken
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in the winter when the relative humidity was low; the one-year
observations during the summer when the relative humidity was high.
Thus any increase in flow during the last seven months appears to
have been largely compensated by an expansion due to increase in
moisture. It is seen that the greatest steel stress in any column after
loading for a year is 30 800 lb. per sq. in., of which 11 100 was ob-
served when load was first applied. The load on this column was
based on the New York Code; companion columns loaded according
to the A.C.I. formula showed a steel stress of 26 700 lb. per sq. in.
From the values given in the table it appears that in very few of the
columns did the steel stress exceed 50 per cent of the yield-point
stress of the steel; neither does the maximum unit deformation of
0.00103 (1% inch per 100 feet) seem very serious, considering that
over one-third of this is the initial elastic deformation due to the
applied load.
A comparison has been made between the initial stresses of Table
9 as measured and as calculated from the elastic moduli of the ma-
terials. From the tests of 56-day concrete cylinders, the moduli of
elasticity for the three grades of concrete were found to be 2830, 3800
and 4290, respectively, in thousands of lb. per sq. in. The corre-
sponding values of the modular ratio n are 10.6, 7.9, and 7.0. It will
be seen that the measured and calculated steel stresses agreed quite
closely, as shown by the following summary:
Average Initial Steel Stress
Vertical lb. per sq. in.
Reinforcement
per cent Calculated Measured
1.5 7640 8150
4.0 9065 8600
6.0 11170 11250
Weighted Average 9200 9040
This tabulation shows that the steel stresses in the various columns
under design loads were not uniform, but that both steel and concrete
stresses increased rapidly as the percentage of vertical reinforcement
increased. This is a characteristic feature of the A.C.I. spiral column
formula.
As another means of comparison, the average ratios, f8/fc, of meas-
ured initial steel and concrete stresses are found from Table 9 to be
ILLINOIS ENGINEERING EXPERIMENT STATION
Air Sitoage
/.500-/. Coeo0• CFe..
S / Load / z400 lf.
'/ Z.Ai i ra'e/o,,- - - 3SOO-/b. Concrete- --
f0  _ /S'/ Lon/-fg d'/'-c l/n' ffe/'n
li Z.0% Spi,"il R?<? . --
•p---- -- -- - -- --. Nýo Zo 0
4 7 cd
I I Ki.4L4
'C
c4,
C CIO- / b.
'
r  
_C.J.o--
Load 72 000 /l.
Air S/orage__
5000-/b. Corncrete
1 60/ C I o Co/c
A/o LaoI
u I/0 zI J0 O 4O 06 /O00 o00 300
T/me , n/er Sus1,/ne1d L4o2di /ng i ys
FIG. 13. TYPICAL TIME-DEFORMATION CURVES FOR COLUMNS OF SEIES
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10.0, 8.1 and 7.1 for the three grades of concrete, as compared with
the values of n from cylinder tests of 10.6, 7.9 and 7.0.
Time-strain curves for typical columns are shown in Fig. 13. It
is evident that the variation in strains for loaded columns may be due
to four causes: (1) Plastic flow due to the imposed load, (2) shrink-
age or expansion, (3) changes in modulus of elasticity, and (4) tem-
perature changes. The first two should cause a shortening of the
column; the last two, a lengthening. Considering the last two var-
iables, the modulus of elasticity evidently changed little during the
year for columns in air storage (as will be shown in Section 23) but
increased about 30 per cent with moist storage. The columns at the
beginning of the loading period were at 70 deg. F, and the effective
increase in temperature during the year was probably not more than
10 deg. for air storage and negligible for moist storage. The lengthen-
ing of the column due to these two effects should not exceed 0.00006
to 0.0001. Furthermore, when readings from loaded and unloaded
columns are subtracted to isolate the effect of plastic flow, the effect
0
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FIo. 14. TIME-DEFORMATION CURVES FOR UNLOADED
PLAIN CONCRETE COLUMNS
of temperature is eliminated, since it should be alike in both speci-
mens. The effect of shrinkage in loaded and unloaded columns is
probably not identical, though it is generally assumed to be. In the
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FIG. 15. TIME-DEFORMATION CURVES FOR PLAIN CONCRETE
COLUMNS UNDER SUSTAINED LOAD
unloaded specimen, the tendency to shrink produces tensile stress in
the concrete and compression in the vertical steel; these stresses are
evidently very considerably relieved by tensile plastic flow in the
concrete. This is shown by the fact that unloaded columns with as
much as 6 per cent of vertical steel developed no shrinkage cracks
in 3% years of air storage.
The foregoing analysis indicates that accurate determinations of
the separate effects of plastic flow and shrinkage are difficult to
obtain; however, the object of the tests is not so much a study of
these separate phenomena as it is an investigation of their combined
effect upon the behavior of reinforced concrete columns under service
conditions. The curves of Fig. 13 contain a complete cycle of seasonal
variations in temperature and humidity. The general result is one of
rapid increase in steel stress during the early months of loading and
comparatively small effect thereafter.
19. Plastic Flow and Shrinkage of Plain Concrete Columns.-To
aid in evaluating the effects of flow and shrinkage in reinforced
columns, strain observations were taken on a group of 45 plain
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columns for a year. Of these, six were held under sustained load, in
laboratory air storage. The others were stored in laboratory air or in
the moist room. Figure 14 shows graphically the amount of shrinkage
or expansion observed in the unloaded columns during the year. Fig-
ure 15 shows similar curves for loaded and unloaded companion col-
umns for the one-year period. The upper curves show the deformation
due to shrinkage, plastic flow, and change in modulus of elasticity,
while the lower ones show the effect of shrinkage alone. The unit loads
used with these columns were 500, 875, and 1250 lb. per sq. in., or
one-fourth of the designed 56-day strengths of the three grades of
concrete used. These stresses are in general considerably less than
the concrete stress in the reinforced columns when first loaded, and a
little greater than the concrete stress remaining in these columns
after one year of sustained loading. The greatest total time-
deformation is found to be 0.00129 for the 3500 and 5000-lb. con-
cretes and the net flow (with effect of shrinkage deducted) is nearly
the same for the 3500 and 5000 lb. concretes. It is of interest that
the shrinkage for the three grades of concrete is nearly constant
(0.00041 to 0.00045) for the one-year period.
20. Effect of Concrete Strength on Column Deformations.-Time-
stress curves like those of Fig. 13 have been plotted for all of the
columns; to save space these curves have been regrouped to permit
study of certain variables. In Fig. 16, for example, there are presented
average curves for a number of columns in which the grade of con-
crete and the storage are the only known variables. The curves illus-
trate the marked difference in behavior of columns in air and in moist
storage. The deformations in the air-stored columns were relatively
large and were increasing at the end of the year, while those in the
moist-stored columns, while irregular, had evidently reached a maxi-
mum value in the first three months of loading. The first three groups
of curves are for columns with 4 per cent vertical reinforcement and
0, 1.2, and 2.0 per cent spiral reinforcement. The loads on the first
group were determined by the formula for tied columns, the others
by the spiral column formula, which permitted higher values. Be-
cause of the nature of the latter formula (placing a high premium on
longitudinal reinforcement), it is difficult to discern any relation
between concrete strength and flow. The concrete of the three grades
used was subjected initially neither to a constant stress nor to a
stress that was a fixed proportion of the concrete strength. Further-
more, it is evident that the stress in the concrete was gradually re-
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FIG. 16. TIME-DEFORMATION CURVES FOR COLUMNS OF
VARIOUS CONCRETE STRENGTHS
duced as flow occurred, and the rate of this reduction was a definite
function of the amount of vertical reinforcement present. From the
data of Fig. 15 it seems reasonable that there should be no marked
relation between grade of concrete and the amount of flow and shrink-
age observed.
21. Effect of Longitudinal Reinforcement on Column Deforma-
tions.-Figure 17 presents another group of time-deformations curves,
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PERCENTAGES OF LONGITUDINAL REINFORCEMENT
arranged to show the effect of varying the longitudinal reinforcement
in columns otherwise alike. The three percentages of longitudinal
steel were roughly 1.5, 4, and 6. Since all moist-stored columns were
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made with 4 per cent of longitudinal steel, this comparison is made
only between the results from columns stored in air. The figure in-
cludes curves for columns made with three grades of concrete and 2.0
per cent spiral reinforcement, also for columns of 3500-lb. concrete
with 0, 1, and 2 per cent of spiral reinforcement.
As noted with reference to Table 9, the curves for columns with 6
per cent of longitudinal steel generally start at a higher steel stress
than do those for the smaller percentages. This follows from the
fact that the A.C.I. formula for spirally-reinforced columns, used
in determining the applied loads, permits an increased working stress
in both concrete and steel as the amount of longitudinal reinforce-
ment is increased. The elastic strains, therefore, were to some extent
fixed by the formula used, and by the modulus of elasticity of the
concrete.
The change in deformation and in the steel stresses was generally
least for the columns with 6 per cent reinforcement, slightly more for
those with 4 per cent, and quite obviously greatest for those with 1.5
per cent. This is due in part to the fact that a given amount of
yielding or flow decreases the concrete stress much more rapidly in
columns with a large amount of longitudinal reinforcement than in
those with a small amount.
As an index of the relation between longitudinal reinforcement
and column strains, the average increase in steel stress in one year,
as shown by the curves of Fig. 17, may be noted; for columns with
1.5 per cent reinforcement, the increase is 17 900 lb. per sq. in.; with
4.0 per cent it is 12 100 lb. per sq. in.; and with 6.0 per cent it is
9700 lb. per sq. in. The large increase for columns with small per-
centages is partly compensated by the low initial stresses in these
columns, as noted in Section 18 and in Table 9.
The upper two groups of curves on the right half of Fig. 17 afford
a comparison of results produced by design loads according to the
A.C.I. and New York code formulas given in Section 17. Data of the
columns to be compared are as follows:
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FIG. 18. REDISTRIBUTION OF STRESSES IN CONCRETE AND STEEL
DURING SUSTAINED LOADING
Unfortunately, the design load of 75 200 lb., which was used in the
tests, was incorrectly computed, and should have been 82 000 lb.
Hence the elastic and plastic deformations for the columns under
this loading are probably about 8.3 per cent smaller than they should
be under the correct load by the New York formula.
Figure 17 shows that the A.C.I. columns with both 1.5 and 6 per
cent reinforcement approach a common steel stress after 1-year load-
ing of about 21 500 lb. per sq. in.; the corresponding N.Y. columns
show a wide spread in stresses, from 25 500 lb. per sq. in. to 13 500 lb.
per sq. in. This is the result to be expected with these formulas, since
the A.C.I formula was designed to equalize the total stresses due to
load, flow, and shrinkage in columns of different design, while the New
York formula places a premium on the use of spiral reinforcement.
22. Redistribution of Stresses in Concrete and Steel Due to In-
elastic Deformation of Concrete.-The various time-deformation
curves have indicated the increase in the stresses in the longitudinal
reinforcement due to shrinkage and flow of the concrete, and it is
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FIG. 19. MODULUS OF ELASTICITY AND COMPRESSIVE STRENGTH
OF CONCRETE 14 MONTHS OLD
evident that as the total stress in the steel increased, the total stress
in the concrete decreased an equal amount. Table 9 gives a summary
of the initial measured steel stress produced in all columns by the
design load, and the increased value of this stress after a one-year
period of loading. From the difference between the applied load and
the total stress in the longitudinal steel, the unit stresses in the con-
crete have also been found, as given in the table.
A conception of the variation in both steel and concrete stresses
with time may be aided by reference to Fig. 18. The curves for stress
in steel are similar to those of preceding figures, and the correspond-
ing curves showing the concrete stresses at any time during the year
have been determined by computation as described above. Evidently,
as yielding of the concrete progressed, the concrete stresses fell off
rapidly; on the other hand, at considerably decreased concrete stresses,
yielding was still progressing.
23. Modulus of Elasticity and the "Sustained Modulus".-In the
testing of all control cylinders, stress-strain curves were obtained.
This permits a comparison of the moduli of elasticity of the concrete
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at ages of 56 days and 1 year 56 days. It was generally found that
the stress-strain curve was a straight line up to one-fourth or more
of the ultimate strength and the moduli given are based on this
initial tangent. Table 10 gives values of compressive strength f,' and
modulus of elasticity E for 56-day cylinders and for cylinders 1 year
56 days old, together with values of the ratios of the two moduli.
There was very little change in the value of E for cylinders in dry
air storage for a year, but the value of E increased considerably for
those in moist storage. The increase for the latter is about propor-
tional to the increase in strength. Figure 19 shows the data of these
cylinder tests plotted to show the relation between modulus of
elasticity and compressive strength of concrete 14 months old.
The ratio of stress to deformation due to all causes, as observed
in members under sustained load, has been termed the "sustained
modulus of elasticity." An idea of the value of this sustained modulus
may be obtained from the column stresses f, and fc given in Table 9.
Letting n denote the elastic modular ratio of steel to concrete and n'
the corresponding ratio of modulus of steel to the sustained modulus
for concrete, in general n'= , and has average values shown in the
following tabulation: f !
Nominal Concrete Strength
Storage Value of n' lb. per sq. in.
2000 3500 5000
Air At load application (n' = n) 10.6 8.0 7.7
After 1-yr. loading 42.6 31.6 30.9
Ratio n'/n 4.0 4.0 4.0
Moist At load application (n' = n) 8.8 8.2 6.2
After 1-yr. loading 10.4 9.6 8.2
Ratio n'/n 1.2 1.2 1.3
It appears that for air-stored columns, for which shrinkage and
flow deformations were large, the average sustained modulus of
elasticity after 1 year was only about 25 per cent of the initial modu-
lus of elasticity; for moist-stored specimens in which there was ex-
pansion, a low plastic flow, and an increase in elastic modulus, the
sustained modulus is about 80 per cent of the initial value. The sus-
tained modulus, of course, depends greatly upon the intensity of the
applied stress which produces flow, and is mentioned here merely as
a convenient conception for use with the ordinary column formula.
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TABLE 10
MODULUS OF ELASTICITY OF CONCRETE
Data from 6 by 12-in. control cylinders, cured 56 days in moist room, then stored one year either
in laboratory air or in moist room. All cylinders tested moist except those in one-year air storage,
which were tested dry. Values for 56 days are from a random selection, those for 1 year and 56 days are
for all control cylinders of Series 3, two or more per column.
Cylinders 56 Cylinders 1 year and
days old 56 days old
Design Ratio RatioStrength f,2' E?
lb. per Compressive Ei Compressive Es 3
sq. in. Strength, 1000 Strength, 1000 1
fA lb. per f2' lb. per
lb. persq. in. sq. in. lb. per sq. in. sq. in.
LABORATORY AIR STORAGE
2000 2200 2830 2665 2985 1.21 1.05
3500 3730 3800 4510 3980 1.21 1.05
5000 5460 4290 6135 4170 1.12 0.97
MOIST STORAGE
2000 2200 2830 3020 4080 1.37 1.44
3500 3730 3800 4740 4820 1.27 1.27
5000 5460 4290 6580 5195 1.20 1.21
The manner of variation of the sustained modulus of elasticity
with time is further shown by the lower curves of Fig. 18, which
represent the factor fs/f,, or n'. It is seen that the relative increase
is much the same for all grades of concrete involved. Such curves
indicate the error involved in column formulas containing the usual
elastic value of n.
24. Effect of Initial Strains on Ultimate Strength of Columns of
Series S.-It was the original plan to test all of the 153 columns of
Series 3 to failure after they had been under observation for 1 year.
However, it was later decided to save a few for further observation,
and 16 loaded and 16 unloaded columns were reserved for the pur-
pose. The remaining 109 columns were tested to failure in testing
machines by the "fast" loading procedure followed in Series 1 and 2.
Because of the arrangement of the time-loading rigs, it was necessary
to release the loads and to remove the columns from the rigs before
placing them in the testing machine. This release of load permitted a
recovery of the large elastic strains in the steel and resulted in the
formation of tension cracks in the concrete, generally 10 to 12 in.
apart. The columns were tested at once, and strain measurements
showed that when the applied load had reached the value of the
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TABLE 11
STRENGTH OF COLUMNS OF SERIES 3 AFTER ONE YEAR UNDER
SUSTAINED LOADING
Each value represents the test results from two columns. Column section, 50.2 for spiral columns,
53.4 for tied columns.
Nominal Design Columns After One Year Columns After One Year
Under Sustained Loading Under No Loading
Percentage
, of Reinforce- Ultimate Load, PT Ultimate Load, PN Ratio
lb'per ment PN/Pr
sq. in. lb. r lb. per
Vertical Spiral lb. lb. q. r
LABORATORY AIR STORAGE
2000 1.5 2 252 000 5015 244 500 4 865 0.974 0 237 000 4435 245 500 4 595 1.04
4 2 331 500 6595 323 700 6 440 0.98
6 2 353 250 7030 355 700 7 075 1.01
3500 1.5 0 225 600 4220
4 0 302 500 5660 300 800 5 630 099
4 2 403 500 8030 395 000 7 860 0.986 0 304 000 5690 .......
6 1.2 368 100 7325 ...... ..... .
5000 1.5 2 385 200 7665 394 000 7 840 1.024 0 369 700 6915 415 000 7 765 1.12
4 2 500 200 9950 485 500 9 660 0.97
6 2 499 700 9940 505 500 10 060 1.01
Average 1.01
MOIST STORAGE
2000 4 0 222 000 4155 190 800 3 570 0.86
4 1.2 277 200 5515 268 500 5 340 0.97
4 2 321 200 6390 323 600 6 440 1.01
3500 4 0 261 700 4895 302 000 5 650 1.15
4 1.2 334 000 6645 327 000 6 505 0.98
4 2 398 500 7930 396 500 7 890 0.99
5000 4 0 351 500 6575 315 000 5 895 0.90
4 1.2 431 400 8585 419 000 8 335 0.97
4 2 483 000 9610 482 200 9 595 1.00
Average 0.98
Grand Average Value of Ratio PN/PT 1.00
1-year sustained load, the cracks had closed and the steel and con-
crete strains corresponded closely with those measured under the
spring loading.
In the case of the columns held for a year under no load, however,
no shrinkage cracks were observed, even in columns with 6 per cent
of vertical reinforcement. Since the difference between the strains
in plain and reinforced columns was in excess of 0.0002, an amount
greater than the ultimate tensile deformation for concrete under fast
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loading, it seems that there must have developed simultaneously with
the shrinkage a considerable tensile plastic flow, which inhibited the
formation of cracks.
The ultimate strengths of the columns of Series 3 are given in
Table 11. The last column of the table gives the ratio of the strength
of the columns that had been unloaded for the year to the strength
of those that had been under sustained load and had developed high
flow and shrinkage stresses. The grand average value of the ratio is
1.0, showing that the initial strains in the "sustained load" columns
had no effect upon the ultimate load. This was to be expected in
view of the large deformations developed after the vertical steel
reached the yield point, particularly in the spirally-reinforced columns.
25. Yield Point of Column.-The load at which the vertical steel
has reached its yield point and the concrete has developed its ultimate
strength (unrestrained) has been called the yield point of the column.
This is also the maximum load for a tied column. In a spirally-
reinforced column at this load the concrete rapidly becomes plastic
and its lateral bulging develops stress in the spiral until the pressure
of the spiral on the concrete has raised the load-bearing capacity of
the concrete core enough to carry any given increase in load. It is
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TABLE 12
STRENGTH OF PLAIN CONCRETE COLUMNS
All columns cured 56 days in moist room, followed by one year in air or moist storage. Columns
8 %-in. diameter, 5 ft. long. Two control cylinders per column.
LABORATORY AIR STORAGE
d 2000 130 000 2430 2430 1.00
e 108 000 2030 2305 0.88
f 125 400 2350 2720 0.87
g 132 500 2480 2600 0.95
Average 2515 0.92
c 3500 178 000 3330 4350 0.77
d 230 000 4300 5160 0.83
e 220 000 4120 5070 0.81
f 166 000 3110 4070 0.76
g 176 500 3300 4170 0.79
Average 4565 0.79
a 5000 300 000 5640 ...
b 257 000 4830
f 264 000 4940 5770 0.85
g 275 000 5160 5640 0.92
Average 5705 0.88
Grand Average...... 0.86
MOIST STORAGE
b 2000 94 500 1770 2360 0.77
d 100 000 1875 2965 0.63
e 100 500 1885 2730 0.69
g 110 000 2065 2680 0.77
Average 2685 0.71
a 3500 133 000 2500 4455 0.56
b 156 000 2925 4560 0.64
d 179 400 3360 4490 0.75
e 175 000 3280 4320 0.76
Average 4445 0.68
a 5000 275 000 5150 6770 0.76
b 225 000 4220 6070 0.70
d 260 000 4875 6630 0.73
e 280 000 5280 6560 0.80
Average 6510 0.75
Grand Average...... 0.71
obvious that the column yield point should be characterized by a
rapid increase in both longitudinal and lateral deformations. This
was verified in the tests, in which the yield point computed from the
P
expression -A pf- + 0.85 fc' (1 - p) agreed very well with the point
of rapid increase in deformations. The yield point cannot be located
on the usual average load-strain curve, representing 12 or more gage
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TABLE 13
ANALYSIS OF RESULTS OF TESTS OF TIED COLUMNS, SERIES 3
Columns tested after 56 days moist curing and 1 year of further storage with strain observations.
Two companion columns of each type. Two control cylinders per column. Gross column area, 53.4
sq. in. Concrete area, Ac = gross area - steel area.
AIR STORAGE
a 2000 4 1-year 219 000 2860
b load 255 000 3090
Average 237 000 106 800 130 200 2540 2975 0.89
a 2000 4 No 253 000 2650
b load 238 000 2850
Average 245 500 106 800 138 700 2700 2750 0.94
a 3500 1.5 1-year 224 500 4700
b load 226 600 4150
Average 225 600 35 800 189 800 3630 4425 0.82
a 3500 4 1-year 285 000 4670
b load 320 000 4730
Average 302 500 106 800 195 700 3810 4700 0.81
a 3500 4 No 293 000 4225
b load 308 500 4570
Average 300 800 106 800 194 000 3780 4400 0.86
a 3500 6 1-year 317 000 4215
b load 291 000 4985
Average 304 000 135 100 168 900 3360 4600 0.73
a 5000 4 1-year 352 500 5870
b load 387 000 6950
Average 369 750 106 800 263 000 5130 6410 0.80
a 5000 4 No 410 000 6245
b load 420 000 6530
Average 415 000 106 800 308 200 6000 6390 0.94
Grand Average...... 0.85
MOIST STORAGE
a 2000 4 1-year 220 000 3760
b load 224 000 3575
Average 222 000 106 800 115 200 2250 3670 0.61
a 2000 4 No 188 600 3740
b load 193 000 3430
Average 190 800 106 800 84 000 1640 3585 0.46
a 3500 4 1-year 273 500 4350
b load 250 000 __ _ 5480
Average 261 700 106 800 154 900 3030 4915 0.62
a 3500 4 No 265 000 4910
b load 339 000 5250
Average 302 000 106 800 195 200 3800 5080 0.75
a 5000 4 1-year 365 000 7045
b load 338 000 6575
Average 351 000 106 800 244 700 4780 6810 0.70
a 5000 4 No 330 000 5910
b load 300 000 5685
Average 315 000 106 800 208 200 4070 5800 0.70
Grand Average ..... 0.64
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TABLE 14
ANALYSIS OF RESULTS OF TESTS OF SPIRALLY-REINFORCED COLUMNS, SERIES 3
Columns tested after 56 days moist curing and 1 year of further storage, with strain observations.
Two companion columns of each type. Two control cylinders per column. Net area of column core, A,
50.26 sq. in. Notation used: The column strength, P/A, is assumed to be equal to the sum of the portion
on the vertical steel at the yield point, pf,, that on the concrete net section, Cf'(1 - p) and that attrib-
uted to the spiral, kp'f,'. C = 0.85 for air storage and 0.70 for moist storage.
Nominal Design Columns After 1-yr. Loading Columns After 1 yr., No Loading
Percentage
Col- pf' Reinforce- Total Ver- Con- Coeffi- Total Ver- Con- Coeffi-
umn lb. per 
m e n t  P tical crete Spiral cient P tical crete Spiral cent
No. sq.in. P Cf' kp'f,' k for Cf' kp'f,' kfori e r Spiral (-p) Spiral A  ' (1-p) Spiral
Spal A
LABORATORY AIR STORAGE
a
b
a
b
a
b
a
b
a
b
a
b
4
Av
2
erage
9430
9790
9610 2140
MOIST STORAGE
2.54
2.34
2.76
2.57
3.33
3.07
5360
5320
5340
6630
6250
6440
6565
6445
6505
7920
7860
7890
8215
8455
8335
9690
9500
9595
1850
1890
1870 1330
2040
2040 2260
3290
3190 
_
3240 1125
3430
3470
3450 2300
4290
4510
4400 1795
4680
4550
4615 2840
2.29
1.70
2.54
2.07
2.45
2.25
2.27
2.17
2.34
1.84
2.39
2.92
2.95
Average value of k, AIR STORAGE, 1.2 per cent spiral, 2.42; 2 per cent spiral, 2.26.
Average value of k, MOIST STORAGE, 1.2 per cent spiral, 2.59; 2 per cent spiral, 2.57.
Grand average value of k for 53 columns, 2.45.
LABORATORY 
AIR STORAGE
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lines, since initial failure is usually localized in one section of the
column. The curves of Fig. 20, representing the strains at the zone of
failure of some typical columns, show a good agreement between the
computed yield point and the point of rapid increase in strain.
26. Analysis of Column Strength.-In the study of Series 1 and 2
the distribution of the strength of the column among its structural
elements has been analyzed. The portion carried by the concrete of
a reinforced column has been taken as the strength of a plain column
of the same cross-section. The strength of an 8 by 60-in. plain column
was found to be 80 to 85 per cent of that of a 6 by 12-in. cylinder.
In this series, data are available regarding the strength of plain
columns tested after a year of either dry or moist storage, as given
in Table 12. It is seen that the average ratio of column strength to
cylinder strength is 0.86 for air-stored columns and 0.71 for moist-
stored columns. The factor 0.85 is evidently closely applicable to the
air-stored group but not to the moist-stored group.
Further information is afforded by the results from tied columns
given in Table 13. Here the total load is considered to be equal to the
load carried by the vertical steel at its yield point stress, plus the
load carried on the total concrete area. The concrete stress thus
computed at the ultimate load is found to average 0.85 times the
cylinder strength for air-stored columns, and 0.64 times the cylinder
strength for moist-stored columns. This shows an even lower relative
concrete strength in moist-stored columns than was indicated by the
plain columns of Table 4, and results from the fact that for the moist-
stored specimens the column strengths are less, and the cylinder
strengths greater, than for the corresponding air-stored specimens.
An analysis of the results of the tests of spirally-reinforced col-
umns is presented in Table 14. Here the vertical steel has been
assumed to contribute to the unit load an amount equal to its per-
centage times the yield-point stress; the concrete strength on the net
core area is taken at 85 per cent of the cylinder strength for air-
stored columns, and at 70 per cent for the moist-stored ones. The
remaining column strength is attributed to the spiral reinforcement,
considered as equivalent longitudinal reinforcement, with a useful
limit of stress fs', and an effectiveness factor k. The average value of
k is seen to be about 2.4, which is the value determined by Considere*
*Considere was the originator of the spirally-reinforced column, and the first to make a
rational analysis of the action of such columns. The value of 2.4 quoted above was derivedby an analysis of the internal friction of hooped sand in compression; on the basis of later
concrete column tests the value was revised to 2.1. See Experimental Researches in ReinforcedConcrete, by A. Considere, translated by L. S. Moisseiff, 1906.
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some thirty years ago. This value may be compared with the factor
2.16 found in the tests of 10 columns of Series 1, and 2.10 for 58
columns of Series 2.
If the concrete strength for moist-stored columns had been taken
as 0.85 fc' instead of 0.70 fc', the resulting value of k for these columns
would have been 1.66 instead of 2.46, as given in Table 14. While the
value of 0.70 ]f' seems entirely justified by the data of Tables 12 and
13, the concrete strength and the value of k are dependent variables,
and an error in determining one affects the accuracy of the other.
Only when there is fair agreement between different series of tests in-
volving varying amount and quality of spiral reinforcement, different
grades of concrete, varying size of column, and different age and
storage conditions, can a reliable value of k be considered to be
established.* Even then, it must be remembered that beyond the yield
point, a spirally-reinforced column is in a state of plastic equilibrium.
Any factor tending to disturb this equilibrium, such as increased
slenderness of column, a variation in end restraint, or an eccentric
load, tends to decrease the effectiveness factor k for the spiral.
*A reasonably direct determination of k from tests of "flat-ended" plain columns and
columns with a variety of spiral reinforcement but no vertical reinforcement is described in
Bul. 190, Eng. Expt. Sta., Univ. of Ill. The value of k found for 1:2.1:2.5 gravel concrete
was 2.05.
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27. Effect of Sustained Loading for 3% Years.-Sixteen loaded
columns and sixteen under no load have now been under observation
for over 3% years. Observations after the first year were taken at
intervals of three or four months, and the change in deformations
in this latter period has been small. All of these columns are in air
storage. Their make-up and the sustained loads to which they were
subjected are indicated in Table 9. Time-deformation curves for all
of the loaded columns are given in Fig. 21. It is seen that the greatest
steel stress developed was 33 800 lb. per sq. in., representing an in-
crease of 22 700 lb. per sq. in. over the initial stress. In general, for
the 16 loaded columns, the average variation in stress over the 3%
years is as follows:
Total stress after loading period of
Initial
Stress 6 mo 1 yr. 1 yr. 2 2 yr. 3 yr. 32 yr.
lb. per sq. in.
lb. per sq. in.
9900 21 700 23 100 24 200 24 500 24 900 24 200 25 200
From the shape of the curves of Fig. 21 it does not seem likely that
there will be any further appreciable increase in the steel stresses of
these columns. The stresses in the unloaded columns also tend to
support this conclusion, since in the reinforced columns the strains
after the first year of air storage either remained constant, or de-
creased somewhat. The shrinkage of the plain concrete columns in-
creased during the first year, then remained very nearly constant
during the following 2% years.
VI. SERIES 5. EFFECT OF SIZE OF COLUMNS
28. Description of Tests.-Of the total of nearly 600 columns
tested, all but 38 were 8 inches in diameter and 5 feet high. To de-
termine whether any effect of scale existed between these small test
columns and columns of the size used in building construction, two
groups of larger test columns were made as Series 5 and 6. In Series
5, a group of 20 columns of 12, 20, and 28-in. core diameters (with
no shell outside the spiral) were included, all having a height equal
to 7%1 times the core diameter. These columns were made with two
grades of concrete, of designed strength of 2000 and 3500 lb. per sq. in.
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FIG. 22. VIEW OF 28-IN. COLUMN DURING TEST
at 56 days, and had 1.5 or 4 per cent of vertical steel and 1 per cent
of spiral steel, all of intermediate grade. Details of the materials and
the making of these columns are given in Sections 4 to 6. Curing of
these columns differed from the usual procedure. Because of their
size the columns could not be placed in the moist room, but were
cured under wet burlap in the laboratory.
All of the columns of this series were tested in the 3 000 000-lb.
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TABLE 15
RESULTS OF TESTS OF COLUMNS OF SERIES 5
No concrete shell outside spirals. Columns cured under wet burlap. Tested at age of 56 days.
Three 6 by 12-in. control cylinders per column. Column lengths are 7Y2 core diameters. Tests made in
3 000 000-lb. Southwark-Emery testing machine. All reinforcement of intermediate grade.
Percentage of
Diameter Reinforcement Maximum Unit CylinderColumn 0 to 0 Length Load Load Strength
No- Spiral, in. ft.-in. lb. lb. per lb. per
Spiral Vertical sq. in. sq. in.
2000-LB. CONCRETE
a 12 7-6 1.0 1.56 440 000 3890 2740
b 12 7-6 1.0 1.56 418 000 3700 2220
Average 3795 2480
a 12 7-6 1.0 4.25 546 500 4820 2700
b 12 7-6 1.0 4.25 563 000 4980 2810
Average 4900 2755
a 20 12-6 1.0 1.53 1 215 000 3875 2390
b 20 12-6 1.0 1.53 1 148 000 3660 2220
Average 3770 2305
a 20 12-6 1.0 4.00 1 524 000 4850 2640
b 20 12-6 1.0 4.00 1 340 000 4275 1960
Average 4560 2300
a 28 17-6 1.0 1.53 2 285 000 3715 2230
b 28 17-6 1.0 1.53 2 150 000 3500 1820
Average 3610 2025
a 28 17-6 1.0 3.28 2 560 000 4170 1640
b 28 17-6 1.0 3.28 2 526 000 4120 1980
Average 4145 1810
3500-LB. CONCRETE
a 12 7-6 1.0 1.56 450 000 3980 3720
b 12 7-6 1.0 1.56 526 000 4650 3490
Average 4365 3605
a 12 7-6 1.0 4.25 580 500 5120 3220
b 12 7-6 1.0 4.25 627 000 5530 3980
Average 5325 3600
a 20 12-6 1.0 1.53 1 320 000 4210 3800
b 20 12-6 1.0 1.53 1 395 000 4450 3920
Average 4330 3860
a 20 12-6 1.0 4.00 1 761 000 5560 3060
b 20 12-6 1.0 4.00 1 803 000 5740 3690
Average 5650 3375
Southwark-Emery testing machine. The machine is served by a 10-
ton travelling crane, and the columns (the largest weighing 8 tons)
were placed in the machine with the crane and auxiliary hoists.
Spherical blocks were used at each end of a column, but were wedged
to prevent rotation after an initial load had been applied. Figure 22
shows a view of a 28-in. column during test.
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TABLE 16
ANALYSIS OF RESULTS OF TESTS OF COLUMNS OF SERIES 5
All reinforcement of intermediate grade. Columns tested under fast loading. Values given are
average of 2 column tests.
Reinforcement Distribution of ColumnReinforcement Load, lb. per sq. in.
Col- Coeffi- StCylinder
umn ceient Strengthf
Diam- Vertical Spiral On ent for
eter l________________________ b. pert r Con- On On Spiral . i
in. Total crete Ver- Spiral 
ra l  
. n.
Per- Yield Per- Yield P/A 0.85f/' tical k,'f,'
cent- Point cent- Point (1-p) P/* ' "
age p f,. age p f.'
2000-LB. CONCRETE
12 1.56 51 500 1.00 42 100 3795 2075 805 915 2.17 2480
4.25 41 700 1.00 42 100 4900 2240 1775 885 2.10 2755
20 1.53 41 700 1.00 44 500 3770 1930 640 1200 2.70 2305
4.00 50 400 1.00 44 500 4560 1875 2015 1670 1.50 2300
28 1.53 50 400 1.00 41 300 3610 1695 770 1145 2.77 2025
3.28 45 300 1.00 41 300 4145 1495 1485 1165 2.82 1820
Average 2.34
3500-LB. CONCRETE
12 1.56 51 500 1.00 42 100 4365 3015 805 545 1.29 3605
4.25 41 700 1.00 42 100 5325 2885 1775 665 1.58 3550
20 1.53 41 700 1.00 44 500 4330 3230 640 460 1.03 3860
4.00 50 400 1.00 44 500 5650 2755 2015 880 1.98 3375
Average 1.47
Weighted average for all columns of series 1.99
The columns were loaded to failure in about ten equal increments
of load, at the ordinary "fast" rate of loading. Strain measurements
were taken on these columns as on the smaller ones, generally at three
levels, near the top, middle, and bottom of the column. In some cases
additional readings were taken at the quarter-points of the column
height.
29. Analysis of Test Results.-The principal data of the tests are
given in Table 15. The columns all failed very slowly, reaching the
maximum load without any breakage of spirals. Since the strength
of both the concrete and the reinforcing steel varied considerably in
the columns of different sizes, it is not possible to compare the column
strengths directly. Instead, the results have been analyzed by the
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FIG. 23. VIEW OF 32-IN. COLUMN DURING TEST
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method used with previous series. Table 16 presents an analysis of
test results in which the portions of the column load taken by con-
crete and longitudinal steel are computed, and the remainder is at-
tributed to the effect of the spiral reinforcement. This method throws
all errors of assumptions as well as experimental inaccuracies into
the portion credited to the spiral. In these large columns it was very
difficult to secure even bearing of all vertical bars, and in very few
cases was there the perfect bearing of all bars (flush with the concrete)
obtained in the 8-in. columns. Such lack of effectiveness of vertical
steel due to this cause is not considered in Table 16, but it is without
doubt the cause of the low effectiveness credited to the spirals in
some columns of the group.
Table 16 shows a relative effectiveness of spiral reinforcement (as
compared to an equal amount of vertical reinforcement of like
quality) of 2.34 for the columns of 2000-lb. concrete, and 1.47 for
those of 3500-lb. concrete, with a grand average for the series of 1.99.
This effectiveness factor agrees very well with the value of 2.10 found
for the 8-in. columns of Series 2, and since there seems to be no
marked difference in strength of similar columns of 8, 12, 20, and
28-in. core diameters, it may be concluded that there is no decided
"scale" effect, and that the results found with 8-in. columns apply
very well to the larger columns. There is, if anything, an excess of
strength in the 28-in. columns, as indicated by the high effectiveness
of spiral reinforcement, but this deviation from the general conclu-
sion is at least on the side of safety.
VII. SERIES 6. EFFECT OF PROTECTIVE SHELLS
30. Description of Tests.-The columns in this series were the only
ones in the investigation in which a protective shell of concrete was
used outside the reinforcing spirals. In these tests the effect of a
2-in. shell was studied. The series consisted of 14 columns, having
core diameters of 8, 12, 20, and 28 in. In the latter three sizes these
columns correspond to those of Series 5, except that only the columns
with 4 per cent vertical reinforcement are included in this series. The
methods of making and testing these columns were practically identi-
cal with those used for the columns of Series 5. Figure 23 shows a
view of one of the 32-in. columns during test, and Figs. 24 to 26 show
views of several of the large columns of Series 5 and 6 for comparison.
It will be noted from these views that at failure a considerable por-
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FIG. 24. VIEWS OF 24- AND 32-IN. COLUMNS AFTER FAILURE
tion of the outer shell had spalled off and that failure occurred at
this reduced section. The tests verified the oft-repeated statement
that where a protective shell is used on a spirally-reinforced test
column, such a shell will have been cracked loose before the spiral
reinforcement is brought into action as a load-carrying element.
31. Analysis of Test Results.-The results of the tests are given in
Table 17. The columns of 20- and 28-in. core diameter do not differ
greatly in strength from the corresponding columns of Series 5, with-
out shells, but for the smaller columns the outer shell added gr6atly
to the strength. A little calculation shows that the concrete shells of
the 8- and 12-in. columns should furnish more strength than the one
per cent of intermediate-grade spiral reinforcement used; this is also
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true of the columns with 20-in. core made with 3500-1b. concrete.
In these smaller columns there was naturally little stress in the spiral
steel until the concrete shell began to fail, and the spalling of the
shell precipitated failure, since the loss of the shell destroyed more
carrying capacity than the spiral reinforcement was able to supply.
Consequently the maximum load was reached when spalling started;
thereafter the load gradually decreased as the column was compressed
until the maximum resistance of the spiral was developed, when the
load held nearly constant for some time with further shortening of
the column. The column finally failed at a load comparable with
that for a column without a protective shell. No breakage of spiral
occurred until after this secondary "maximum" load had been passed.
In the 20- and 28-in. columns the spalling of the shell caused a
temporary decrease in the load, as indicated by the testing machine,
until further deformation of the column brought the spiral reinforce-
ment into play. The further action of the column was similar to that
of a column of Series 5.
To study the effectiveness of the shell concrete as compared with
that of the core, the following tabulation has been made, assuming
the column concrete strength to be 85 per cent of the cylinder strength.
The table gives the strength produced by either the spiral or the
protective shell, computed as the excess over the portion of the load
attributed to vertical steel and concrete core.
Excess Column Strength-lb. per sq. in.
Percentage
Concrete Core. Calculated, of Shell
Grade Diameter Calculated, Due to Shell Destroyed byin. Actual Due to Gage Holes
Spiral Total Reduced
2000 8 1695 1225 2370 1425 40
12 1425 840 1465 1055 28
20 1565 890 725 595 18
28 1105 825 465 405 13
3500 8 1760 1225 4070 2440 40
12 1135 840 2420 1740 28
20 965 825 1330 1090 18
This tabulation shows that in all cases the actual excess strength
of the columns was more than that attributed to the spiral reinforce-
ment (with k = 2.0) though in several cases it was less than might
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TABLE 17
RESULTS OF TESTS OF COLUMNS OF SERIES 6
Two-inch protective shell outside spiral core. Columns cured under wet burlap. Tested at age
of 56 days. Three 6 by 12-in, control cylinders peP coluWn. Column lengths are 712 core diameters.
Tests made in 3 000 000-lb. Southwark-Emery testing machine. All reinforcement of intermediate grade.
2000-LB. CONCRETE
a
b
a
b
a
b
a
b
12 8
12 8
16 12
16 12
24 20
24 20
32 28
32 28
5-0
5-0
7-6
7-6
12-6
12-6
17-6
17-6
1.24
1.24
1.0
1.0
1.0
1.0
1.0
1.0
3.98
3.98
4.25
4.25
4.00
4.00
3.28
3.28
283 000
284 000
Average
584 000
550 000
Average
1 575 000
1 670 000
Average
2 515 000
2 492 000
Average
5630
5650
5640
5160
4865
5012
5010
5320
5165
4080
4040
4060
2320
2140
2230
2250
2190
2220
1790
2090
1940
2060
1540
1800
3500-LB. CONCRETE
a 12 8 5-0 1.24 3.98 358 000 7110 3950
b 12 8 5-0 1.24 3.98 347 000 6900 3710
Average 7005 3830
a 16 12 7-6 1.0 4.25 693 000 6130 3530
b 16 12 7-6 1.0 4.25 667 000 5900 3800
Average 6015 3665
a 24 20 12-6 1.0 4.00 1 795 000 5710 3810
b 24 20 12-6 1.0 4.00 1 900 000 6060 3315
Average 5885 3560
be expected from the total shell area multiplied by 0.85 fe'. However,
it is certain that the gage holes cut in the shell to expose the longi-
tudinal steel, nearly 21/2 in. below the surface, destroyed a considerable
part of the shell area, besides introducing localized stresses. Based
on estimated percentages of shell area destroyed (see last column),
reduced values of calculated shell strength are given in the next to
the last column of the table. These indicate that, for columns of
2000-lb. concrete, the actual strength was as much as, or more than,
the calculated value. For the columns made with 3500-lb. concrete,
the net shell area was nearly all effective in the 20-in. columns and
about two-thirds effective in the smaller columns. Most of this de-
L
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ficiency would disappear if the effectiveness of the column concrete
were assumed to be 0.80 fc' instead of 0.85 fc'.
It seems evident from this study that spiral reinforcement may not
be very effective as a strength-giving element in small columns with
protective shells, though it does perform a useful function in pro-
viding toughness, so that a sudden failure will not occur. With the
use of small columns of strong concrete, relatively thick shells, and
spirals of intermediate-grade steel, a fairly high percentage of spiral
reinforcement is required to equal the element of strength provided by
the concrete shell. This required amount is easily calculated by
means of the equation
f' Ashell
2 p'f,' Aeore = 0.85 f' Ashell, or p' = 0.425 - -(6)
f3' A ore
Although complete effectiveness of the shell concrete was not well
demonstrated by the tests, due to the somewhat indeterminate effect of
the large gage holes opened in the concrete shell, the foregoing analysis
indicates that full effectiveness might be expected from columns in
which the shell was undamaged. A few more tests on columns with
various shell thicknesses, and with no gage holes, are still needed to
furnish a definite answer to this question.
VIII. SERIES 7. EFFECT OF KIND OF SPIRAL REINFORCEMENT
32. Outline of Tests.-The spirals used in Series 1 to 6 were made
of hot-rolled rod of intermediate grade. Series 7 was planned to study
the effect of using cold-drawn wire of very high strength as spiral
reinforcement. Columns were made with 1.2 per cent of drawn-wire
spiral reinforcement and 0, 1.5, and 6 per cent of vertical steel, cor-
responding in all respects except in the grade of spiral steel with
columns of Series 2 made with spirals of hot-rolled rod. An additional
group of columns was also made with 2 per cent of both hot-rolled
and drawn-wire spirals, combined with 0, 1.5, and 4 per cent of ver-
tical steel. The series thus affords a fairly direct comparison of the
column strengths produced with the two grades of spiral steel. All
columns of the series were 8-in. in diameter and 5 ft. high, with
cylindrical shafts, plane ends, and no protective shells.
33. Materials.-A description of the materials and making of
columns is given in Sections 4 to 6. For convenience of reference,
data with respect to the reinforcing steel are summarized as follows:
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Kind of Percentage of Yield-Point
Reinforce- Reinforce- Size Stress*
ment ment lb. per sq. in.
Longitudinal 1.57 4- 2 -in. round 46 600(Int. grade hot- 3.98 8-' -in. square 52 900
rolled rod) 5.94 f4-y-in. round 45 500
14-%-in. round
Spiral 1.24 No. 5 (0.207 in.), 1.35 in. pitch 47 200
(Int. grade hot- 2.00 h-in., 1.19 in. pitch 49 000
rolled rod)
Spiral 1.24 No. 5, 1.35 in. pitch 80 400
(Cold-drawn wire) 2.00 Y%-in., 1.19 in. pitch 83 200
47 700t
*For spirals, "useful limit" (see Section 4).
fFor two spirals only, as noted in Table 18.
The columns were made of 3500-lb. concrete, except for two which
were made, by error, of 5000-lb. concrete. The columns were tested
after 56-day moist curing.
34. Description of Tests.-The method of loading corresponds with
the "slow" loading used in the tests of Series 2. The load was applied,
up to three-fourths of the estimated "yield point" of the column, in
about 8 increments of 8 or 10 minutes each, with complete strain
readings at each increment of load. The remaining load was applied
in 6 to 10 more increments, each extending over 4 hours. Strain
readings were taken at the beginning and end of the 4-hr. period, and
an effort was made to hold the load constant over this period by use
of the car-spring base of Fig. 6.
Average stress-strain curves for each type of column made with
3500-lb. concrete are given in Figs. 27 and 28. Each curve represents
the average from two companion columns. The irregular shape of
these curves is due to the yielding of the concrete during the 4-hr.
period between application of loads. Due to this irregularity it is
difficult to distinguish a critical point in the stress-strain curve at
which the yield point of the vertical steel was reached, but it is evi-
dent that at deformations beyond 0.00152 to 0.00176 (corresponding
to the range in yield point of the vertical steel used) the deformations
of the columns began to increase rapidly.
One difference was noted in the performance of the two types of
column near the maximum load. The columns with hot-rolled spirals
took load very slowly near the maximum, and there was no spiral
failure when the maximum was reached. Beyond the maximum, as
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FIG. 27. STRESS-STRAIN CURVES FOR COLUMNS WITH 1.2 PER CENT
OF SPIRAL REINFORCEMENT
the loading head of the machine was run down, the resistance of the
column gradually decreased and finally failure of the column took
place through the breakage of one or more spiral wires and an ac-
companying buckling of vertical bars. In the columns with drawn-
wire spirals, however, failure occurred suddenly while the column was
still taking load at a fairly good rate. The failure produced by the
breakage of spiral wires and the accompanying buckling of vertical
AN INVESTIGATION OF REINFORCED CONCRETE COLUMNS
[ I I I I I I I I.-I~~ I I I I I I I I I
- iv
o fKR of Ver'/ca/ Bars-
- -oa e . ---- r --- d------
_---------------------- - ---------
-- r , -- -S S I
-'- 1.5% V -r/ica Peinforcement--
* -4.0 % Ver/io~/ R9eiforcemenzz'
__ -5Lod Appli __ Aaoidl_
/ -'Load '~ /7d for 4-hr Per'iod
-- _lres_-Sfraz?2 Carve
r -p
0./ 0o 0.3 04 05 0.6 07 0.8 ag
Shor/in'-?/g of Co/lerumn ' Per Cernt
FIG. 28. STRESS-STRAIN CURVES FOR COLUMNS WITH 2.0 PER CENT
OF SPIRAL REINFORCEMENT
bars, was generally violent. In many cases the concrete within several
inches of the point of failure was completely shattered when the lateral
restraint of the spiral was lost. While these differences in behavior
are partly a result of the method of applying load in the testing
machine and do not indicate the action that would occur under a
gravity load, they may have some significance as to the resistance
offered by the two kinds of spiral near failure.
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TABLE 18
ANALYSIS OF RESULTS OF TESTS OF COLUMNS OF SERIES 7
Results for columns with 1.2 per cent spiral, intermediate grade, from Series 2 are included. All
columns tested under slow loading, after 56 days moist curing. Columns with 2 per cent drawn-wire,
no verticals, were made after main group, using new lot of spirals (yield point-47,700). All columns
8 in. in diam., 5 ft. long. Core area 50.27 sq. in. All vertical reinforcement of intermediate grade. Two
6 by 12-in. control cylinders were made with each column.
Columns with Intermediate Columns with Drawn Wire
Percent- U Grade Spirals Spirals
age Rein- UnitLod
forcementt Load
Vert. Column Cylinder Unit Coeffi- Column Cylinder Unit Coeffi
--- Steel Strength Strength 0.85f' Load iet Strength Strength 0.85 f' Load Coeffi-
ira lb. per lb. per (1 on k for lb. per lb. per (1 ) on k for
Ver- sq. m. sq.in. Spiral Spiral sq. in. sq. min. Spiral Spiral
tical PA f' kp'f.' P/A f,' kp'f.'
3500-LB. CONCRETE
0 1.2 4000 3580 3040 5050 3760 3200
4220 3490 2970 5000 3675 3120
0 4110 3535 3005 1105 1.89 5025 3720 3160 1865 1.87
1.5 1.2 4650 3870 3240 5610 3500 2930
4840 4050 3390 5900 3840 3215
730 4745 3960 3315 700 1.20 5755 3670 3070 1955 1.96
6.0 1.2 6420 3190 2550 7510 3400 2720
6500 3630 2905 7760 3450 2760
2700 6460 3410 2730 1030 1.76 7635 3425 2740 2195 2.20
0 2.0 4930 3540 3010 *5230 4090 3475
4530 3640 3090 *4690 3940 3350
0 4730 3590 3050 1680 1.71 *4960 4015 3410 *1550 *1.63
1.5 2.0 5600 3615 3025 7400 3770 3155
5220 3710 3105 6760 3630 3040
730 5410 3660 3065 1615 1.65 7080 3700 3095 3255 1.96
4.0 2.0 6950 3980 3250 8550 3670 2995
7290 4140 3380 8620 3875 3160
2105 7120 4060 3315 1700 1.73 8585 3770 3080 3400 2.04
5000-LB, CONCRETE
Grand average value of k for series................ 1.84
*These columns made with drawn-wire spirals, yield point 47 700.
fYield points, lb. per sq. in., as follows:
Vertical Bars Intermediate Grade Spirals Drawn-Wire Spirals
1.5 per cent - 46 600 1.2 per cent - 47 200 1.2 per cent - 80 400
4.0 per cent - 52 900 2.0 per cent - 49 000 2.0 per cent - 83 200
6.0 per cent - 45 500 *2.0 per cent - 47 700
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35. Analysis of Load Distribution.-The principal test results are
given in Table 18. The table also presents an analysis of the distribu-
tion of the column load between the concrete section, the longitudinal
reinforcement, and the spiral reinforcement. Following the procedure
described in previous sections, the portion of the column load to be at-
tributed to the spiral was determined. Assuming the spiral steel to be
stressed to its useful limit f8', its effectiveness as compared to that of
an equal volume of vertical reinforcement of the same quality has
been expressed as a ratio or coefficient, k. The value of k averages 1.66
for the intermediate-grade spirals, and 1.99 for the drawn-wire spirals,
giving a grand average for the series of 1.84. The corresponding
average value of k found for the intermediate-grade spirals in the 10
columns of Series 1 was 2.16; for 50 columns of Series 2, made with
spirals of the same shipment, the value was 2.10. The value of 1.66
found here is thus considerably lower than the average for this
material.
Table 18 affords still another comparison between the effects of
the two types of spirals. The values for columns with no verticals and
2 per cent of spiral reinforcing are not comparable because the drawn
wire used in this case differed from that used in the other tests; but
the remaining columns made with 3500-lb. concrete show that, after
correction had been made for individual differences in the concrete,
the columns with drawn-wire spirals carried about 840 lb. per sq. in.
more load for each 1 per cent of spiral reinforcement than did those
with intermediate-grade spirals. The effectiveness of the latter is held
down by one very low individual value, 1.20, but even if all differences
in the coefficient k for the two groups were considered to be accidental,
and therefore negligible in view of the small number of tests, there
would still remain a difference in column strength equal to the dif-
ference in yield-point strengths multiplied by the factor k and the
percentage of spiral. This would average 33 700 X 1.84 X 0.01 or 620
lb. per sq. in. as the difference in column strengths for each 1 per cent
of spiral reinforcement used. This value seems more rational and free
from accidental variability than the value of 840 lb. per sq. in. just
quoted.
It will be remembered that the extra margin of strength secured by
the use of drawn-wire spirals is accompanied by large deformations of
the column. Thus the data from which Fig. 28 was plotted show
ultimate longitudinal unit deformations in columns with hot-rolled
spirals as great as 0.007, while for columns with drawn-wire spirals the
longitudinal unit deformation in one case reached 0.016. With such
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large deformations, there may be some question of the usefulness of
the strength produced by the spiral reinforcement, particularly in
practice, where there is commonly some bending stress present; but
the spiral reinforcement certainly provides an insurance against
sudden collapse of the column comparable with the margin of strength
above the yield point in a steel tension member.
36. Yield Point of Column.-A study has been made of the yield
point of the column, similar to that of Sections 15 and 25, (1) by de-
termining the load at which column deformations reached the value
corresponding to the known yield point of the vertical steel, and
(2) by computing the load corresponding to the ultimate strength of
the concrete plus the yield-point stress of the vertical steel. The first
value is shown on Figs. 27 and 28, and evidently coincides with a point
of rapid increase in strains. Values as found from both determinations
are listed in the following table.
Percentage of Average Stress at Yield Point of Column
Reinforcement lb. per sq. in.
Hot-Rolled Spirals Drawn-Wire Spirals
Spiral Vertical
From steel 0.85f' - pf From steel n 0.85fe' + pf,
deformation a 8 0/ c + P* deformation -'f+ '
1.2 0 .... 3005 .... 3160
1.5 4050 4045 4200 3800
6.0 5500 5430 5500 5440
2.0 0 .... 3050 .... 3410
.1.5 3900 3795 4050 3825
4.0 5400 5420 5400 5505
The table shows a good agreement in the yield points found by the
two methods. Furthermore, the values are seen to be practically in-
dependent of the amount and quality of the spiral steel, as might be
expected. It may appear strange that the yield point of columns with
4 per cent of vertical steel is nearly as great as that of columns with
6 per cent; however, reference to Table 18 will show that this is due
to the superior quality of both concrete and vertical steel in the former
group of columns.
The yield points in the fourth and sixth columns of the foregoing
table may be compared with the ultimate column strengths. The ratio
of ultimate strength to yield-point stress shows the following range of
values:
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1.2 per cent hot-rolled spirals, 0 to 6 per cent verticals, 1.17 to 1.37
1.2 per cent cold-drawn spirals, 0 to 6 per cent verticals, 1.40 to 1.59
2.0 per cent hot-rolled spirals, 0 to 4 per cent verticals, 1.31 to 1.55
2.0 per cent cold-drawn spirals, 0 to 4 per cent verticals, 1.46 to 1.94
These ratios have a significant bearing on the choice of formulas for
column design.
IX. SERIES 8. EFFECT OF BOND STRESSES IN VERTICAL
REINFORCEMENT
37. Outline of Tests.-To secure information on the action of
columns in which load was transmitted to the vertical reinforcement
by bond and not by direct bearing, this small series of 12 columns was
tested. In this series the reinforcing bars were stopped % in. short
of each end of the column, and in the tests care was taken that there
was no concrete or other bedding material between the bar ends and
the bearing blocks of the testing machine. As in previous tests, strain
gage lines were located at mid-height of column and 10 in. from each
end. All reinforcing bars were % in. round or square, so that the
centers of the top and bottom gage lines were less than 20 diameters
from the ends of the bars. It might be expected that the full strength
of the bar would not be developed by bond in this distance.
Three designs of column were used, with four columns of each
kind. All columns were made with 2.0 per cent of intermediate-grade
spiral reinforcement; one lot was made with 3500-lb. concrete and 3.98
per cent vertical steel, while the other two were of 2000-lb. concrete,
with 1.57 and 3.98 per cent of vertical steel, respectively. All were
cured 56 days in the moist room, then half were tested rapidly to
failure, and the other half held for a year under sustained loading by
the method used with Series 3.
38. Results of Sustained Loading Tests.-The sustained loads ap-
plied were identical with those applied in Series 3 (see Table 9) to
corresponding columns. The columns were stored in the air of the
laboratory. A summary of the measured stresses (the average from
4 gage lines each at top, middle, and bottom) at the beginning and
end of the 1-year period are given in Table 19, togetheir with similar
values from Series 3, included for comparison. In Series 3, the milled
ends of bars were flush with the plane ends of the coulmns. It is evi-
dent that the total stresses produced in the columns of Series 8 by the
1-year loading are just as great as those of Series 3; in fact, the rate
of increase is a little higher for Series 8. There seems to be no doubt
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TABLE 19
STEEL STRESSES IN COLUMNS UNDER ONE-YEAR SUSTAINED LOAD
Values given are average for 2 companion columns
Nominal Design Steel Stress-lb. per sq. in.
Sustained
Con- Reinforcement Load Series 8 Series 3
crete __
Grade
Vertical Spiral Initial Final Increase Initial Final Increase
2000 1.57 2.0 38 000 4 900 20 800 15 900 7 500 21 200 13 700
2000 3.98 2.0 64 000 10 200 21 600 11 400 14 000 21 400 7 400
3500 3.98 2.0 79 000 11 000 24 000 13 000 10 300 20600 10300
that flow and shrinkage stresses are induced in the reinforcing steel,
even if they are transmitted to the steel entirely by bond. Figure 29
shows the relation between time and deformation for these same
columns for the 1-yr. period. There is no marked difference in the
results from the two series, though small variations might be expected
from seasonal atmospheric differences, since the loading period began
in winter for Series 8, and in summer for Series 3.
From the foregoing rather meager data, it may be concluded that
at working stresses the effect of plastic flow and shrinkage is not
changed by the manner in which stress is transmitted to the rein-
forcing steel.
39. Ultimate Strength of Columns.-One group of six columns was
moist-cured 56 days, subjected to sustained loading one year, then
loaded rapidly in increments, to failure. The corresponding group was
tested to failure after 56-day moist curing. Results of these tests are
given in Table 20. The analysis of column strengths has been made
as in previous tables, charging any deficiency in strength to the effec-
tiveness of the spiral reinforcement, which, of course, is illogical here,
where it is evident that the deficiency must be due to the vertical
steel. However, noting in the first group that a spiral contribution
of 1925 lb. per sq. in. gives an effectiveness factor of 2.0, which agrees
well with other tests, the corresponding spiral contributions may be
compared with the value of 1925 lb. per sq. in. Thus the second pair
of columns shows a deficiency of 325 lb. per sq. in., and the following
pairs deficiencies of 510, 370, 510 and 625 lb. per sq. in., respectively.
These values represent a deficiency in the column strengths of from
6 to 10 percent below what would be expected from columns with end
bearing of the reinforcement.
The reason for the deficiency in strength of these columns is not
hard to find. The vertical steel near the ends cannot possibly receive
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UNDER SUSTAINED LOADING
enough stress by bond to make it effective. This is well shown by a
comparison of the strain measurements at the middle of the column
and at points 10 in. from the top and bottom. Table 21 gives values of
the ratio of strains at middle and ends of columns, for 16 to 20 read-
ings during sustained loading, and for 7 to 10 readings during subse-
quent loading to failure. Values for the corresponding columns of
Series 3 are also given. For Series 8 the ratio was above unity and
remained nearly constant under the sustained loading. When the
column was loaded to failure the ratio increased from 1.1 or 1.2 to
a value of 1.5 to 1.9, as the stress finally reached the yield point on
the middle gage lines. The average value for this loading stage was
about 1.36. Compared with these values the corresponding ratios for
the columns of Series 3 show no consistent variation from a value of
1.0, thus verifying the observation that failure occurred at varying
points in these columns. The study of these ratios shows clearly that
full effectiveness of both vertical and spiral reinforcement at failure of
the columns of Series 8 was impossible.
A further complication was produced in the results of Group 2,
Table 20, by the inadvertent testing of these columns with spherical
blocks at each end, unwedged. The columns thus were not tested flat-
ended, but were partially restrained by the friction of the spherical
blocks. The strength was probably lowered by this procedure, and this
may account in part for the deficiency in strength noted in the table
for this group.
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TABLE 21
COMPARISON OF STRAINS AT MIDDLE AND ENDS OF COLUMNS OF
SERIES 3 AND 8
Each value represents 8 to 20 readings on each of
two companion columns
Description of Column
Series Loading Concrete ........................... . 2000 2000 3500
Percentage Vertical Reinforcement..... 1.57 3.98 3.98
Percentage Spiral Reinforcement ...... 2.0 2.0 2.0
Ratio of Strains at Mid Column to
Strains 10 in. from Ends
8 Sustained load, I yr........................................ 1.21 1.18 1.03
8 Sustained load, 1 yr.
Tested to failure .... ............... ........ ........... . 1.36 1.37 1.36
3 Sustained load, 1 yr.. .......... ......... ............. . 1.00 0.98 1.06
40. Effect of Transmission of Stress to Steel by Bond.-The trans-
mission of stress by bond in Series 8 must be distinguished from the
action of dowels or lapped splices, as in Series 1, where there was a
chance for full effectiveness of reinforcing bars at any section. The
tests of Series 8 present impossible conditions for full effectiveness of
reinforcement at high loads. The tests originated in the thought that
floor loads are transmitted by bond to the vertical steel of building
columns in service. However, in a building, only a small part of the
column load is applied at each floor level; furthermore, there is con-
tinuous steel at each level, and there is possible a bearing stress be-
tween concrete and bar ends equal to several times the ordinary
cylinder strength of the concrete.
It may be concluded that, while the conditions of these tests were
far more severe as to bond requirements than would be encountered in
actual buildings, the development of flow and shrinkage stresses was
unaffected by these conditions, while the ultimate column strengths
were reduced from 0 to 10 per cent below a normal value as de-
termined from preceding series in which load was transmitted to the
reinforcing bars by bearing. These tests do not appear particularly
significant as regards the interpretation of the other tests covered in
the investigation.
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X. SERIES 31. EFFECT OF VERTICAL REINFORCEMENT
OF HIGH STRENGTH
41. Outline of Tests.-This series of tests was made in 1931 for the
Concrete Reinforcing Steel Institute, Chicago, Illinois, and was
planned to supplement and extend the column investigation by a study
of the action of vertical reinforcement of high elastic strength. The
tests correspond to the preceding series in all details except quality of
reinforcing steel; type and size of specimen, and method of making,
storing, and testing of specimens were identical with those of Series
2. The results of these tests have been very kindly released for publi-
cation by the Institute.
Sixteen columns, 8%-in. in diameter and 5 ft. high were tested;
of these, 12 correspond to a group of columns of Series 2, made with
structural, intermediate, and rail steel vertical reinforcement. It was
the object of the present tests to secure data with the use of a still
stronger grade of vertical steel. Two lots of high-strength steel were
used, thus furnishing a comparison (between the two series) of the
effectiveness of vertical steel bars of five different grades. The re-
maining 4 columns of the group were made with a lapped splice in all
vertical bars to study the effectiveness of such splices in transmitting
the very high compressive stresses developed in bars of this quality.
42. Materials and Making of Columns.-The concrete materials
were similar to these used in Series 2, except that the Lehigh cement,
purchased locally, gave lower strengths than that used in the preceding
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TABLE 22
ANALYSIS OF RESULTS OF TESTS OF COLUMNS OF SERIES 31
Columns tested after 56 days moist curing; tested moist. Columns 8 in. diameter, 5 ft. high, 50.2
sq. in. core area. All columns had 3.98 per cent vertical reinforcement, 1.24 per cent spiral. Two control
cylinders with each column. Columns 7, 8, 17 and 18 had 50-diameter lapped splices in vertical steel
at each end.
Distribution of Column Strength
Concrete Cylinder Maximum Column lb. per sq. in.
Strength Load
lb. per sq. in.
Column On Vertical Steel
No. On On
Concrete Spiral
From 0.85 f.' 2.05 From Calculated
Nominal Cylinder lb. lb. per (1 -p) Pf.' Column from Yield
Tests sq. in. Data Point
PI,
LOT 1. YIELD POINT OF VERTICAL BARS-71 700 LB. PER SQ. IN.
1 2000 1755 351 000 6980
2 1700 339 200 6740
Average 1730 Average 6860 1410 1690 3760 2860
3 3500 3055 377 800 7520
4 3210 377 500 7460
Average 3130 Average 7490 2555 1595 3340 2880
5 5000 4750 403 500 8030
6 4860 413 000 8220
Average 4805 Average 8125 4000 1640 2495 2850
7 3500 3210 369 500 7340
8 2690 366 500 7280
Average 2950 Average 7310 2405 1620 3285 2830
Average 3220 2855
LOT 2. YIELD POINT OF VERTICAL BARs-96 400 LB. PER SQ. IN,
11 2000 1405 328 600 6550
12 1490 347 000 6910
Average 1450 Average 6730 1185 1630 3915 3840
13 3500 2650 396 700 7925
14 2765 393 000 7830
Average 2710 Average 7880 2210 1595 4075 3885
15 5000 4720 430 000 8565
16 4860 431 000 8585
Average 4790 Average 8575 3910 1665 3000 3790
17 3500 2750 366 000 7290
18 3220 395 000 7870
Average 2985 Average 7580 2435 1610 3535 3820
Average 3635 3860
series, and this prevents direct comparisons with the column strengths
of Series 2, though correction is easily made for this variation.
The spiral reinforcement was intended to match the No. 5 hot-
rolled rod used in Series 2, but was considerably stronger, having
average useful limit and ultimate stresses of 64 000 and 99 700 lb.
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per sq. in. as compared with the values of 49 400 and 79 500 lb. per
sq. in. for Series 2. Two lots of 1/2-in. square vertical bars were used,
with average yield points of 71 700 and 96 400 lb. per sq. in., and
ultimate strengths of 135 800 and 133 200 lb. per sq. in. The first lot
showed a peculiar stress-strain relation at the proportional limit, as
shown in Fig. 30. There is no yield point, defined as a horizontal
portion of the stress-strain curve. The material of the second lot had
a well-defined yield point, and satisfactory ductility.
The columns were of 8-in. core diameter, 60-in. length, and were
tested "flat-ended" by the "fast" loading method used in Series 2.
43. Analysis of Test Results.-The principal results of the tests
are given in Table 22. An analysis of the column strength has been
made by the method used in previous series, attributing various
portions to the concrete, the vertical steel, and the spiral steel. In the
tests of Series 2 used for comparison here, the effectiveness of the
spiral reinforcement was found to be 2.05 times that of an equal
amount of vertical steel of like quality. On this basis the last two
columns of Table 22 provide a comparison of the effectiveness of the
vertical reinforcement of Series 31 and Series 2. The column headed
"From Column Data" represents the portion of column strength
credited to the vertical steel by eliminating the contributions of con-
crete and spiral steel. The last column gives the calculated resistance
of the steel at its yield-point stress.
The vertical steel of columns 1 to 8 performed somewhat better
than would be expected from a consideration of its yield point value,
the column strength attributed to the vertical steel averaging about
12 per cent above the calculated value. On the other hand, the verti-
cals of columns 11 to 18 fell slightly below the expected performance,
giving a test strength on the average 6 per cent lower than the value
calculated. The higher relative showing for the steel of columns 1 to 8
may be explained from the shape of the stress-strain curves of Fig. 30.
The bars of this lot did not show a definite yield point, but the curves
continue to rise after the break, at a fairly definite slope. Within the
range of deformations noted in these columns before failure, it would
be possible to develop a stress perhaps 12 to 15 per cent greater than
the yield point values determined and used in the foregoing analysis.
The steel used in columns 11 to 18, on the other hand, shows a definite
yield point, with no increase in stress over a considerable range in
deformation, and would not be expected to contribute more than its
yield-point resistance to the sum total of the column strength.
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It may be noted that there appears to be an unexplained excess of
strength in the columns of 2000-lb. concrete, and a deficiency in that
of the columns of 5000-lb. concrete. This indicates that perhaps the
strength of the column concrete should be taken as slightly less than
the 0.85 f,' used.
The test results may also be represented graphically by superim-
posing them on Figs. 8 and 9, as replotted in Figs. 31 and 32. The
results of Table 22 have been reduced to correct for a difference in
spiral quality between Series 31 and 2 amounting to (64 000-49 400)
X 0.0124 X 2.05, or 370 lb. per sq. in. of column strength. Figure 31
shows column strengths for the two series of tests plotted against the
strengths of the control cylinders. The upper two curves represent
Series 31, including the columns with spliced bars. These curves are
not parallel to those of Series 2, as theoretically they should be, but
they show a decided margin of superior strength. A better compari-
son is afforded by Fig. 32, in which column strengths interpolated
from the curves of Fig. 31 are plotted against yield points of vertical
steel. Even though the data of Series 31 have been reduced to com-
pensate for the stronger spirals, the test strengths were well above the
computed curves (having a slope pf,) in five cases out of six, and the
average is well above the computed average. The exceptionally high
strengths obtained with the steel having a yield point of 71 700 lb.
per sq. in. have already been explained by reference to Fig. 30.
It may be concluded that the high-strength vertical reinforcement
(with yield points of 71 700 and 96 400 lb. per sq. in.) used in these
tests was fully effective in producing column strength, as compared
with the general results of the column tests heretofore described. The
excess strength obtained with the first lot of steel is apparently due to
a property of this high-carbon steel which is not always found with
high-strength steels, though the rail steel of Series 2 showed it to a
lesser extent. The steel of the second lot was an alloy steel.
The dowel splices used in columns 7, 8, 17 and 18 were similar to
those of Fig. 4, Series 1, except that a 50-diameter lap was used. Strain
readings were taken on these dowels or splice bars at the top and
bottom gage lines, as well as a "cross-reading," slightly on the di-
agonal, from main bar to splice bar. This cross-reading was intended
to indicate any relative motion or slip of dowel with respect to main
bar. If no slip occurred, the strains measured in the cross-reading
were the same as those in the main bar or dowel. The stress-strain
curves obtained (not shown here) indicated that no great amount of
slip occurred until very near the maximum load. The fact that the
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columns with splices carried substantially the same loads as those
without splices is good evidence that the effectiveness of the high
strength reinforcement was not appreciably reduced by the lapped
splices. Evidently the 50-diameter lap splice was able to develop the
full elastic strength of 4 per cent of high-strength vertical reinforce-
ment, used in columns of approximately 3000-lb. concrete.
XI. DISCUSSION AND SUMMARY OF RESULTS
44. Comparison of Results from Illinois and Lehigh Tests.-
Although it was not possible to publish jointly the results of the tests
made at Lehigh University and at the University of Illinois, a brief
comparison of the findings at the two laboratories, as given in progress
reports, may be made. The tests of Series 1, 2, 3, and 7 were made at
both places, and those of Series 4 at Lehigh only.
Series 1.-The tests at Lehigh were made using 3500-lb. concrete;
those at Illinois with 5000-lb. concrete, which might be expected to
give better bond strength. The relative strengths of the four types
of columns were as follows:
Swith
ap
2
5
Laboratory
Illinois
Lehigh
The strength of columns with capitals was satisfactory in both
cases. The lower effectiveness of the Lehigh columns with lap-splices
may be due to the weaker concrete. There was also a slight difference
in fabrication; the upper dowels at Lehigh were forced into the column
after the concrete was placed, while at Illinois they were wired to the
spirals and main longitudinal bars before they were placed in the
form. This limited group of tests is in accord with previous experi-
ments* in showing that satisfactory effectiveness may be secured with
lap splices when a moderate steel percentage is used.
Series 2.-The Lehigh test results agreed very well with the Illinois
results given in Chapter IV. There was one consistent difference:
the column strengths at Lehigh were nearly 40 000 lb. less than those
at Illinois, a difference of more than 10 per cent of the average
strength. This difference was not due to differences in materials or
*C. A. Wiepking, "Tests on Concrete Columns Reinforced with Steel Spliced in Various
Ways," Wisconsin Engineer, Vol. XXX, No. 5. 1926.
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to errors in testing machines. The only reasonable explanation seems
to lie in a difference in testing procedure. The Illinois columns were
tested "flat-ended"; at Lehigh the spherical block was not wedged
to prevent rotation, thus producing only a partial restraint at one end
of the column. A similar difference was noted in the results of Series 7.
The major effect of this difference in load carried is seen in a lower
calculated effectiveness of the spiral reinforcement. The Lehigh values
are quite generally lower than those found at Illinois.
Series 3.-In this series again a distinct difference was noted in the
results from the two laboratories. The increase in steel stresses due to
plastic flow was considerably greater at Lehigh than at Illinois. The
stress in the steel of dry-stored columns at Lehigh subjected to A.C.I.
working loads for a year increased from 6000 to 37 000 lb. per sq. in.
for columns having 1% per cent of longitudinal reinforcement, and
from 16 000 to 30 000 lb. per sq. in. for columns having 6 per cent of
reinforcement. The corresponding increases in average stress at Illi-
nois were from 7000 to 24 000 with 1% per cent, and from 12 000 to
22 000 with 6 percent of longitudinal reinforcement. Two possible
causes for the difference in results are apparent; a difference in the
properties of the concrete aggregates used and a difference in the rela-
tive humidity of the storage room. That such variations could greatly
influence the amount of plastic flow is known, though their part in the
present problem has not been definitely proved. The significance of
this large difference in results under practically parallel conditions is
that a considerable range in the influence of plastic flow in building
structures in service may also be found.
Series 4.- The tests of Series 4, made at Lehigh only, were in-
tended to determine what load a column might carry indefinitely. Of
a group of 7 companion columns, 3 were loaded to failure to determine
the ultimate strength. Others were subjected to sustained loads of 95,
90, 80 or 70 per cent of this ultimate load. The columns were made
of 3500-lb. concrete, with four combinations of reinforcement. In
Group A (4 per cent vertical, 0 spiral) the columns at 95 and 90 per
cent of the "ultimate," failed quickly. One at 80 per cent held its load
for 700 days with little evidence of distress, then failed very suddenly,
due to release and reapplication of the load. In Group B (4 per cent
vertical, 1.2 per cent spiral) the column at 95 per cent ultimate failed
quickly; one at 90 per cent deflected badly after 65 hours, but when
released and tested to failure reached 102 per cent of the estimated
ultimate. A third column at 90 per cent ultimate has sustained the
load for more than 500 days, though the longitudinal strain has
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reached 10 times the yield-point strain of the reinforcement. In Group
C (4 per cent vertical, 2 per cent spiral), columns at 95 and 90 per
cent ultimate buckled so badly in one day's loading that the test was
discontinued. One at 85 per cent load held its load 300 days, then,
with release and reapplication of the load, it deflected against the
loading apparatus, and was removed and tested to failure, reaching a
load equal to 127 per cent of the original strength of its companion
columns. A fourth column has carried an 80 per cent load for more
than 300 days. In Group D (6 per cent vertical, 2 per cent spiral)
one column sustained a 90-per-cent ultimate load for 300 days and
had deflected about 1 inch. When tested to failure it reached a load
equal to 125 per cent of the original strength of its companion columns.
The performance of these latter columns, in which the longitudinal
strains had attained several times the value at which yield point of the
steel was reached, and in which the outer shell had spalled off badly,
is a good illustration of the toughness and resistance of such columns.
The test is an extremely severe one. In practice, no column would
be permitted to remain in service as badly strained and deflected as
these were without repair. The increase in strength with age, even in
air storage, is also worthy of note.
Series 7.-The results of these tests at the two laboratories showed
a decided difference in the column loads and in the resulting calcu-
lated effectiveness of spiral reinforcement, as in Series 2. This ap-
pears to be due to the difference in end restraint of the columns during
test.
With all of these minor differences, which occurred in spite of a
well-planned schedule of tests, the conformity of the general results
at the two laboratories was good, and the wisdom of carrying on the
tests as two independent investigations has been demonstrated.
45. Summary of Principal Test Results.-The outstanding results
of the investigation may be summarized as follows:
(1) The cylindrical test column, with plane ends, has proved to
be a satisfactory type of test column and is believed to be representa-
tive, as regards structural behavior, of a section of a building column.
Although building columns generally contain lap splices of vertical
bars, the tests have also shown that effective action of such splices
may be secured when a moderate amount of reinforcement is used.
(2) A fairly general and consistent law of column action has been
found to hold true for a wide range in amount and quality of ma-
terials, including the following:
ILLINOIS ENGINEERING EXPERIMENT STATION
(a) Concrete, having compressive strengths from 2000 to 8000 lb.
per sq. in.
(b) Vertical reinforcing steel, of 1.5, 4.0, and 6.0 per cent, having
yield point stresses ranging from 39 000 to 96 000 lb. per sq. in.
(c) Spiral reinforcement, of 1.2 and 2.0 per cent, having useful
limit stresses ranging from 41 000 to 83 000 lb. per sq. in.
These materials were used in columns of varying size, age, and
storage conditions.
(3) The comparison between rapid loading of a test column and
"slow" loading, with 4-hr. load increments, showed no effect on the
ultimate strength developed. The "slow" loading produced an appre-
ciable but unimportant increase in the measured strains.
(4) In columns subjected to load, the initial distribution of stress
between concrete and vertical steel follows the usual elastic theory,
but if the load is sustained for some time, shortening of the column
due to shrinkage and plastic flow relieves the concrete and increases
the steel stress.
Practically all of the effect of shrinkage and plastic flow on
columns held for 31/2 years under a sustained load was noted in the
first 6 to 8 months of loading. The total steel stress, under A.C.I.
design loads, did not generally exceed 26 000 lb. per sq. in. in the
Illinois tests, though values of 35 000 to 40 000 were observed in
similar tests at Lehigh University. The increase in steel stress varied
inversely with the percentage of vertical reinforcement and was much
greater for columns in dry storage than for those in moist storage.
With the intensities of loading used in these tests, the effect of shrink-
age was much less than that of flow or time yield. The total steel
stresses have remained below the yield point of the intermediate grade
steel commonly used.
(5) The shortening of columns due to time effects under design
loads, while undesirably large, may be minimized by careful design.
(6) The redistribution of stress due to shrinkage and flow and the
resulting development of high steel stresses have no effect upon the
ultimate strength of a column when tested to failure.
(7) In the smaller of the test columns having 2-in. protective
shells the strength contributed by the shell was evidently more than
that contributed by the spiral reinforcement. From the nature of
spiral column action, the strength of the shell must be exceeded (with
accompanying cracking and spalling of the shell, lateral bulging and
vertical shortening of the column) before the spiral reinforcement can
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act. Evidently only the excess of the spiral contribution above the
shell strength is effective in producing column strength, and this con-
tribution of strength is obtained only after the column has spalled and
shortened a large amount.
(8) The shortening of columns at the maximum load reached 0.7
per cent in some cases with 2 per cent of hot-rolled spirals, and 1.6
per cent when 2 per cent of cold-drawn wire spirals were used. The
kind of spiral steel obviously does not affect the yield point of the
column. While the effectiveness of high-strength spirals (and the
accompanying gross column deformations) have been demonstrated, it
seems that the most important function of spiral reinforcement is to
give "toughness" ( a property similar to ductility in mild steel) to
the column. The spalling of the shell and the gradual deformation of
the column give warning of impending failure, and prevent a sudden
collapse such as occurs when a tied column fails. So much deformation
is required to overcome the spiral resistance near failure that in the
usual building structure a part of the load may be transferred by the
floor system to adjoining columns and walls, thus avoiding collapse
of the over-loaded column. This toughness and reserve strength of
spiral columns is best recognized in the choice of the factor of safety.
(9) Columns of different size but made with the same percentage
of reinforcement, quality of materials, and slenderness ratio, had the
same strengths per unit area, aside from the effect of shells already
noted. This independence of size and unit strength justifies the use of
8-in. columns throughout most of the investigation, and insures the
applicability of the results to full-sized building columns.
(10) While the load-carrying effectiveness of vertical steel of very
high strengths has been shown, it is evident that working stresses in
such steels may of necessity be governed by the permissible deforma-
tion of the column. It has been shown that satisfactory lapped splices
can be used with such steels.
(11) A general expression covering the ultimate strength of
spirally-reinforced columns without shells or with light shells is found
in Equation (1) of Section 10. Using the notation of that section, the
equation is repeated here.
P
-- = C f' (1 - p) + p f + k p'f
,
' (1)A.
(12) A corresponding expression for the yield point stress of any
column or for the ultimate strength of tied columns or of spirally-
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reinforced columns with heavy shells (shells contributing more
strength than the spiral reinforcement) is found in Equation (2) of
Section 10, repeated here for convenience.
P
-- = C f' (1 - p') + p, f (2)
Ag
(13) The percentage of spiral reinforcement p' required to provide
as much column strength as does the protective shell is given by
Equation (6) of Section 31, also repeated here.
p' =0.425 - (6)f/' A,
In Equations (1) and (2) the results of the various tests indicate
that the value of the constant C may be taken as 0.85. For the con-
stant k, the majority of the test values heretofore described ranged
between 1.5 and 2.5, with an average value of about 2.0
46. Considerations Affecting Choice of Design Formulas.-The
record of this investigation would not be complete without some in-
terpretation of the test results and equations which would lead to
rules and formulas for column design. In the choice of a new design
formula the principal problem is the selection of the proper factor of
safety, considered with respect to both the yield point of the column
and its ultimate strength. The 1928 A.C.I. code formula for spirally-
reinforced columns (see Section 17) has a varying factor of safety,
decreasing as the percentage of vertical steel increases. The object
of this is to avoid excessive stresses and deformations in columns
having a small percentage of vertical "steel, and this seems logical.
This formula, in common with most others, neglects the effect of the
shell in spirally-reinforced columns, though the A.C.I. code permits
the gross area of tied columns to be used. This places the small
spirally-reinforced column at a decided disadvantage, even though it
may actually be stronger and safer than the tied columns. Recog-
nition of the value of spiral reinforcement may be effected in several
ways: (a) it may be represented by a term in the equation for the
column load as in Equation (1), Section 45; (b) the presence of a
minimum percentage of spiral reinforcement may be recognized in
the design formula only in the factor of safety used; or (c) the amount
of spiral may be set as a certain proportion of the amount of vertical
steel, and terms for the two combined as one in the formula. Method
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(b) was used in the Joint Committee Report in 1917,* and seems
preferable, since the quality thus recognized is ability to provide
toughness rather than column strength. A desirable feature of a
column formula is that it be simple and easily adaptable to permit
consideration of combined axial and bending stress.
The following derivation and formulas were given in the Final Re-
port of Committee 105, American Concrete Institutet and are based
on the foregoing test results. In choosing a formula for spirally-re-
inforced columns, the following steps were taken. To insure effective-
ness of spiral action the spiral percentage was specified to be sufficient
to balance (or slightly exceed) the shell strength, as given by Equa-
tion (6), Section 45. This makes it possible to express the ultimate
column strength by either Equation (1) or Equation (2), Section 45.
Using Equation (2), the column strength may be expressed in terms
of the gross area of the column. A range in permissible percentages
of vertical steel from 1 to 8 per cent, based on gross area, has been
chosen. The maximum value is very near the limit of practical design
as governed by bar spacing requirements with lap splices. To intro-
duce a varying factor of safety a value of 3 is used with 1 per cent of
vertical steel and 2.5 with 8 per cent of vertical steel. Dividing the
ultimate strength from Equation (2) by these factors of safety at the
two limits of pg, and joining the values by a straight line, a design
relation is obtained which may be closely represented by the equation
P
-- = 0.25 f' + 0.45f, p, (7)A,
The range of values to be used in Equations (6) and (7) are
fc' = 2000 to 5000 lb. per sq. in.
fy = minimum specification values; 40 000 lb. per sq. in. for inter-
mediate-grade steel and 50 000 lb. per sq. in. for hard-grade
steel.
,' = useful limits as found by test, but not to exceed 40 000 lb.
per sq. in. for hot-rolled spirals, or 60 000 for cold-drawn
wire spirals.
pg = 0.01 to 0.08.
In addition to the requirements of Equation (6) it seems desirable
to specify flat minimum percentages of spiral reinforcement of % per
*Final Report of Joint Committee on Concrete and Reinforced Concrete, Proc. A.S.T.M.,
Vol. XVII, Part I, p. 202, 1917.
tFinal Report of Committee 105, Reinforced Concrete Column Investigation, Proc. A.C.I.,
Vol. 29, p. 275, 1933.
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cent for cold-drawn wire and 50 per cent more than this for hot-rolled
rod.
It is evident that the amount and quality of the spiral reinforce-
ment are recognized in Equation (6) but not in Equation (7). The
spiral requirements of Equation (3) may be standardized for any
given size and shape of column.
Equation (7) is linear and very simple to apply. It involves a
variable factor of safety not less than 2.5 for the specified limits of p,
(and not less than 2.25 if the limit of p,=0.08 were grossly exceeded).
Whether these factors of safety are sufficiently large, in view of the
fact that present design methods do not adequately provide for con-
sideration of bending stresses which are present in practically any
building column, is a matter of judgment, and not of test data. For
columns of structural steel, in which consideration of bending stresses
due to initial accidental eccentricities is given, values of the factor
of safety as low as 1.7 have been proposed. If a larger factor of safety
for reinforced concrete columns is desirable it would be a simple
matter, following the procedure outlined in the foregoing, to modify
Equation (7), reducing the constants the desired amount, but preserv-
ing the linear form of the equation.
It is to be noted that a column designed by Equation (7) will have
a yield point very close to the ultimate load, with the spiral coming
into play only to produce toughness and gradual failure. The action of
the column below the yield point is similar to that of a tied column,
except that the spiral provides further security against premature
buckling of vertical bars if they become highly stressed due to
shrinkage and plastic flow.
For tied columns, the difference in reliability and resistance is
recognized and provided for by the use of a larger factor of safety.
It is believed that a proper recognition of relative strengths is obtained
by using an equation for tied columns similar to Equation (7), but
with a factor of safety 25 per cent larger. The equation becomes
P
-- = 0.20 f/ + 0.36 f, p, (8)A,
Design limitations on bar spacings and the arrangement of spiral
reinforcement and ties have been developed in practice, and it is not
the purpose of this discussion to specify these details of design.
47. Conclusion.-Effort has been directed in this bulletin pri-
marily to the description of the test program and an analysis of the
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results. The most important findings have been summarized in Section
45. The treatment of design formulas in Section 46 has of necessity
been limited to the statement of a single viewpoint. For a satisfac-
tory and complete treatment of column design there is still need for
test information cencerning the resistance of eccentrically loaded
columns. Considering such information as is available, the adapt-
ability of the proposed design equations to include the effect of bend-
ing stress has been kept in mind.
It is felt that a study of eccentrically loaded columns, under con-
ditions comparable with those of this investigation, is one of the
major problems in concrete structural research yet to be solved.
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*Bulletin No. 240. The Flow of Air through Circular Orifices in Thin Plates, by
Joseph A. Polson and Joseph G. Lowther. 1932. Twenty-five cents.
*Bulletin No. 241. Strength of Light I Beams, by Milo S. Ketchum and Jasper 0.
Draffin. 1932. Twenty-five cents.
*Bulletin No. 242. Bearing Value of Pivots for Scales, by Wilbur M. Wilson,
Roy L. Moore, and Frank P. Thomas. 1932. Thirty cents.
*Bulletin No. 243. The Creep of Lead and Lead Alloys Used for Cable Sheathing,
by Herbert F. Moore and Norville J. Alleman. 1932. Fifteen cents.
*Bulletin No. 244. A Study of Stresses in Car Axles under Service Conditions,
by Herbert F. Moore, Nereus H. Roy, and Bernard B. Betty. 1932. Forty cents.
tCopies of the complete list of publications can be obtained without charge by addressing the
Engineering Experiment Station, Urbana, Ill.
*A limited number of copies of bulletins starred are available for free distribution.
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*Bulletin No. 245. Determination of Stress Concentration in Screw Threads by
the Photo-Elastic Method, by Stanley G. Hall. 1932. Ten cents.
Bulletin No. 246. Investigation of Warm-Air Furnaces and Heating Systems,
Part V, by Arthur C. Willard, Alonzo P. Kratz, and Seichi Konzo. 1932. Eighty
cents.
*Bulletin No. 247. An Experimental Investigation of the Friction of Screw
Threads, by Clarence W. Ham and David G. Ryan. 1932. Thirty-five cents.
*Bulletin No. 248. A Study of a Group of Typical Spinels, by Cullen W. Parmelee,
Alfred E. Badger, and George A. Ballam. 1932. Thirty cents.
*Bulletin No. 249. The Effects on Mine Ventilation of Shaft-Bottom Vanes and
Improvements in Air Courses, by Cloyde M. Smith. 1932. Twenty-five cents.
*Bulletin No. 250. A Test of the Durability of Signal-Relay Contacts, by Everett
E. King. 1932. Ten cents.
*Bulletin No. 251. Strength and Stability of Concrete Masonry Walls, by Frank
E. Richart, Robert B. B. Moorman, and Paul M. Woodworth. 1932. Twenty cents.
*Bulletin No. 252. The Catalytic Partial Oxidation of Ethyl Alcohol in the Vapor
Phase. The Use of a Liquid Salt Bath for Temperature Control, by Donald B.
Keyes and William Lawrence Faith. 1932. Ten cents.
Bulletin No. 253. Treatment of Water for Ice Manufacture, Part II, by Dana
Burks, Jr. 1933. Forty-five cents.
Bulletin No. 254. The Production of Manufactured Ice at Low Brine Temper-
ature, by Dana Burks, Jr. 1933. Seventy cents.
Bulletin No. 255. The Strength of Thin Cylindrical Shells as Columns, by
Wilbur M. Wilson and Nathan M. Nemwark. 1933. Fifty cents.
Bulletin No. 256. A Study of the Locomotive Front End, Including Tests of a
Front-End Model, by Everett G. Young. 1933. One dollar.
*Bulletin No. 257. The Friction of Railway Brake Shoes, Its Variation with
Speed, Shoe Pressure and Wheel Material, by Edward C. Schmidt and Herman J.
Schrader. 1933. One dollar.
*Bulletin No. 258. The Possible Production of Low Ash and Sulphur Coal in
Illinois as Shown by Float-and-Sink Tests, by D. R. Mitchell. 1933. Fifty cents.
*Bulletin No. 259. Oscillations Due to Ionization in Dielectrics and Methods of
Their Detection and Measurement by J. Tykocinski Tykociner, Hugh A. Brown,
and Ellery Burton Paine. 1933. Sixty-five cents.
*Bulletin No. 260. Investigation of Cable Ionization Characteristics with Dis-
charge Detection Bridge, by Hugh A. Brown, J. Tykocinski Tykociner, and Ellery B.
Paine. 1933. Fifty cents.
*Bulletin No. 261. The Cause and Prevention of Calcium Sulphate Scale in
Steam Boilers, by Frederick G. Straub. 1933. Eighty-five cents.
*Bulletin No. 262. Flame Temperatures in an Internal Combustion Engine
Measured by Spectral Line Reversal, by Albert E. Hershey and Robert F. Paton.
1933. Fifty-five cents.
Reprint No. 2. Progress in the Removal of Sulphur Compounds from Waste
Gases, by Henry Fraser Johnstone. 1933. Twenty cents.
*Bulletin No. 263. The Bearing Value of Rollers, by Wilbur M. Wilson. 1934.
Forty cents.
*Circular No. 22. Condensation of Moisture in Flues, by William R. Morgan.
1934. Thirty cents.
*Bulletin No. 264. The Strength of Screw Threads under Repeated Tension, by
Herbert F. Moore and Proctor E. Henwood. 1934. Twenty-five cents.
*Circular No. 23. Repeated Stress (Fatigue) Testing Machines Used in the
Materials Testing Laboratory of the University of Illinois, by Herbert F. Moore and
Glen N. Krouse. 1934. Forty cents.
*Bulletin No. 265. Application of Model Tests to the Determination of Losses
Resulting from the Transmission of Air Around a Mine Shaft-Bottom Bend, by
Cloyde M. Smith. 1934. Thirty cents.
*Bulletin No. 266. Investigation of Warm-Air Furnaces and Heating Systems,
Part VI, by Alonzo P. Kratz and Seichi Konzo. 1934. One dollar.
*Bulletin No. 267. An Investigation of Reinforced Concrete Columns, by Frank
E. Richart and Rex L. Brown. 1934. One dollar.
*A limited number of copies of bulletins starred are available for free distribution.
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